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Modelling temperature-dependent properties of poly-
morphic organic molecular crystals†

Jonas Nymana and Graeme M. Daya∗

We present a large-scale study of the temperature-dependence of structures, free energy differ-
ences and properties of polymorphic molecular organic crystals. Lattice-vibrational Gibbs free
energy differences between 475 pairs of polymorphs of organic molecular crystals have been cal-
culated at 0 K and at their respective melting points, using a highly accurate anisotropic multipole-
based force field and including thermal expansion through the use of a (negative) thermal pres-
sure. Re-ranking of the relative thermodynamic stability of the polymorphs in each pair indicates
the possibility of an enantiotropic phase transition between the crystal structures, which occurs
in 21% of the studied systems. While vibrational contributions to free energies can have a sig-
nificant effect on thermodynamic stability, the impact of thermal expansion on polymorph free
energy differences is generally very small. We also calculate thermal expansion coefficients for
the 864 crystal structures and investigate the temperature-dependence of mechanical properties,
and pairwise differences in these properties between polymorphs.

1 Introduction
Polymorphism, i.e. the possibility that a compound can occur in
several distinct crystalline phases,1,2 has attracted much interest
because of its potential implications for the development and pro-
duction of pharmaceuticals,3–5 organic semiconductors,6 explo-
sives,7,8 chocolates,9 and other molecular materials where solid
state properties are important. It is now well established that
polymorphism is common, occurring in about half of all studied
compounds with no strong correlation to the size or flexibility of
the molecule.10

Polymorphism occurs because different crystalline packing ar-
rangements can result in nearly the same free energy.1,2,11–14 Ki-
netic factors affecting the crystallization of different polymorphs,
and the mechanisms by which their phase transitions are facili-
tated, are less well understood.15

At any given pressure, each polymorph pair is either enan-
tiotropic or monotropic. In monotropic pairs, one polymorph
has a larger free energy than the other at all temperatures (be-
low the melting point), i.e. the higher energy polymorph is al-
ways thermodynamically unstable and will eventually transform
to the more stable form. Consequently, monotropic transitions
are irreversible and exothermic. Once a transition has occurred,

a School of Chemistry, University of Southampton, Southampton, UK; Tel: +44
2380599174; E-mail: g.m.day@soton.ac.uk
† Electronic Supplementary Information (ESI) available: The Nyman Polymorph
Library, additional results, molecular flexibility rules, melting point regression anal-
ysis, a description of co-prime splitting and force field parameters for halogens. See
DOI: 10.1039/b000000x/

it is sometimes nearly impossible to obtain the less stable form
again.16,17

In enantiotropic pairs, both polymorphs can be thermodynam-
ically stable, but in different temperature intervals. At a partic-
ular temperature, both polymorphs have exactly the same free
energy, which can manifest as solid-to-solid phase transitions,
iso-energetic polymorphism18 and concomitant crystallisation.19

Enantiotropic transitions are in principle reversible. The transi-
tion is endothermic when going from the low-temperature form
to the high-temperature polymorph. However, there are often sig-
nificant deviations from ideal thermodynamic behaviour, caused
by lattice defects, impurities and kinetic energy barriers.20 Crys-
tals can be kinetically stable for apparently indefinite time and
reversible transitions usually display significant hysteresis.

It is possible to computationally study the relative stability of,
and transitions between, polymorphs through molecular dynam-
ics simulations (MD).21,22 The simulation can be augmented with
metadynamics to allow a global exploration of free energy min-
ima and transition barriers.23,24 The lattice vibrations, in the
form of a phonon density of states g(ω) can be obtained from the
velocity autocorrelation function over a molecular dynamics tra-
jectory,25 and this has the advantage of directly including anhar-
monic effects, such as thermal expansion. The main difficulties lie
in the sampling of long wavelength phonons, requiring large sim-
ulation cells, and in performing molecular dynamics with an en-
ergy model that is accurate enough. Lattice dynamics offers an al-
ternative to MD simulations that can be much more efficient, but
in addition to the problem of sampling low-frequency modes,26
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difficulties arise in the treatment of anharmonic vibrations and
thermal expansion.

To calculate realistic free energy rankings of molecular crys-
tals it is usually necessary to employ periodic dispersion-corrected
density functional approximations (DFT-D),27 fragment based
QM/MM methods28,29 or anisotropic force fields based on dis-
tributed multipoles.30–32

We have recently demonstrated that the difference in lattice
vibrational energy between polymorphs is typically very small but
can be as large as 4 kJ mol−1 at room temperature and that in 9%
of cases this is large enough to reverse their relative stability.14

This article is to a large extent a follow-up study of our earlier
results, focusing on the temperature-dependence of polymorphic
relative stabilities.

The small energy differences between polymorphs makes it
challenging to correctly rank their relative stabilities, making for
instance crystal structure prediction (CSP) difficult.33 To meet the
challenge, we have improved our methods in several ways. We
have benchmarked our force fields to verify their accuracy. The
force field used in this study is comparable to periodic PBE with
Grimme’s D2 or the Tkatchenko-Scheffler dispersion corrections
and similar methods.32 Our previously described method for Bril-
louin zone sampling by linear supercells has been supplemented
with a Debye model to treat dispersion of acoustic phonons. In
addition, we use a kernel density method to model dispersion
of optic phonons, which improves the convergence of the calcu-
lated thermodynamic properties.32,34 In this study we also con-
sider some effects of the anharmonicity in the lattice vibrations;
the thermal expansion is modelled in the quasi-harmonic approx-
imation (QHA),35 using the thermal pressure method.36

Few studies have been made of the anharmonic vibrational con-
tribution to polymorph free energy ranking. The CSP study of
glycol and glycerol by van Eijck 37 is a rare exception. In examin-
ing their influence on the ranking of predicted structures, it was
found that the harmonic vibrational zero point and thermal vibra-
tional energy can have an important effect, but that the energetic
impact of thermal expansion generally does not significantly af-
fect rankings. Because of the computational cost and the small
size of the effect it was concluded that it may be preferable to
neglect thermal expansion in CSP. More recently, Heit and Beran
applied high level fragment-based quantum chemical methods to
investigate the importance of thermal expansion in modelling the
thermodynamic properties of four small molecule crystal struc-
tures.38 The errors in free energies that they associated with ig-
noring thermal expansion were small, due to cancellation of op-
posing effects in enthalpy and entropy.

The number of molecular crystals for which the importance
of thermal expansion has been assessed is currently very small.
Therefore, we feel that a larger sample of polymorph pairs is
needed to estimate its importance in modelling the energetics and
properties of organic molecular crystals. The large sample stud-
ied here should provide good estimates of general trends among
polymorphs.

The influence of thermal expansion on polymorph relative sta-
bilities will depend on how different the volumetric thermal ex-
pansion coefficients are between polymorphs, and this in turn de-

pends on differences in elastic properties of the materials. Since
elastic properties are also of interest in the formulation and pro-
duction of pharmaceutical tablets, we examine the shear and bulk
moduli, and their temperature-dependence.

In this study, we present results of rigid-body lattice-vibrational
free energy differences at 0 K and at the respective melting point
temperature for a large number of organic molecular polymor-
phic crystals. In doing so, we hope to be able to estimate how
common it is that relative stabilities are re-ranked by tempera-
ture, i.e. we are estimating how common enantiotropism is, and
how large lattice energy differences can be overcome by thermal
contributions to the free energy.

2 Methods
The main objective of this study is to use a large selection of
known polymorph pairs and for each pair calculate the difference
in lattice-vibrational free energy and other properties at 0 K and
at the melting point temperature Tm. We determine how often
temperature causes a re-ranking of the thermodynamic stability,
and obtain an estimate for how commonly polymorph pairs are
enantiotropically related.

Below we describe the set of polymorph pairs and the calcula-
tions we have performed on them. We describe how the structures
were energy-minimised on a realistic potential energy surface and
how rigid-body harmonic (HA) and quasi-harmonic approxima-
tion (QHA) lattice dynamics calculations were carried out. Fi-
nally, we explain how melting point temperatures were obtained
for all the crystal structures.

Although the main focus is on general trends in the large set
of polymorph pairs, we also performed more detailed studies of
a selected set of crystals. The calculated properties of individual
systems are compared to experimental literature data, allowing
us to estimate the overall accuracy of our results.

2.1 Polymorph selection

We started from a set of 1061 single-component organic molec-
ular packing polymorphs of 508 compounds that we have de-
scribed previously.14 We have used the best experimentally de-
termined structure of each polymorph.39 These are polymorphs
of compounds containing the elements H, C, N, O, F, S and Cl
in any combination up to ca 55 atoms per asymmetric unit. The
methods presented here could be applied to molecular salts or
solvates, but we choose to focus on single-component systems in
this study. The compounds and crystal structures are referred to
by their Cambridge Structural Database (CSD) reference codes.40

Crystals with a non-integer number of molecules in the asymmet-
ric unit (Z′) have had their symmetries lowered to obtain whole
molecules in the asymmetric unit.

From this set we had to exclude a number of structures for var-
ious reasons; see the supplementary information for details.† All
studied structures are packing polymorphs where the molecular
conformers in each pair do not differ by more than RMSD= 0.25 Å
in atomic coordinates, as calculated with TORMAT,41 ignoring hy-
drogen positions.

The final structure set is included in the supplementary infor-
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mation as CIF files and as a list of CSD reference codes.† The set
consists of 864 crystal structures of 418 different compounds that
successfully completed all calculations. There are 391 polymorph
pairs, 26 triplets and 1 quadruplet for a total of 475 pairwise com-
parisons. This set is ideal for computational studies of polymor-
phism. The supplementary data† contains additional information
about these systems, such as SMILES strings42, InChI identifiers
and the chemical formula of the compounds, calculated ther-
mal pressures, experimental and predicted melting points, elastic
moduli, volume thermal expansion coefficients, unit cell volumes,
Z and Z′-values. We offer this data, the Nyman Polymorph Library
(NPL2016), in the hope it will facilitate further computational
studies of polymorphs.

2.2 Energy model

The lattice energy consists of the intermolecular cohesive energy
and a quantum chemical evaluation of the intramolecular en-
ergy, calculated with dispersion-corrected density functional the-
ory (DFT-D).

Elatt = Eatom−atom
inter +EDFT−D

intra (1)

The intermolecular cohesive energy between any two molecules
M and N is calculated as a sum over atom-atom pair interactions:

Eatom−atom
MN = ∑

i,k

(
Aικ exp(−Bικ Rik)−Cικ R−6

ik +Eelec
ik

)
(2)

where i and k are atoms of type ι and κ belonging to molecules
M and N, respectively and separated by the distance Rik. The first
two terms model the short range repulsive and attractive non-
electrostatic intermolecular interactions, with force field parame-
ters Aικ , Bικ and Cικ .

We have used the W99rev6311 and W99rev6311P force
fields,43 supplemented with parameters for sulfur,44 fluorine and
chlorine. Halogen atoms were modelled with an anisotropic re-
pulsion,45 using parameters provided in the supplementary infor-
mation.†

The intramolecular electronic structure and energy is calcu-
lated with GAUSSIAN 09 at the B3LYP/6-311G(d,p) level of theory,
with a Becke-Johnson damped version of Grimme’s D3 dispersion
correction.46,47

The final term Eelec, describing electrostatic interactions, was
calculated from atom-centred multipoles up to rank 4 (hexade-
capole) on all atoms,30,31 obtained from a distributed multi-
pole analysis48 of the molecular electron density using GDMA

2.2.06.49 The multipoles may be polarized by performing the
DFT calculation in a polarizable continuum model (PCM).50,51

Charge-charge, charge-dipole and dipole-dipole interactions were
calculated with Ewald summation. All other interactions were
calculated between whole molecules with a centre of mass dis-
tance less than 20 Å.

The type of hybrid force field/DFT energy model used here
is highly accurate and may even be competitive with GGA DFT-
D methods, such as PBE-D2, in reproducing absolute lattice en-
ergies.32 Furthermore, calculations of polymorph energy differ-
ences benefit from an important cancellation of systematic errors
in the force field.

2.3 Flexible molecule optimisation

Crystal geometry optimisations were performed with CRYSTALOP-
TIMIZER 52,53 version 2.4.2. CRYSTALOPTIMIZER minimises the lat-
tice energy (Eq. 1) while allowing a set of selected intramolec-
ular degrees of freedom (bond lengths, angles and dihedrals)
and unit cell dimensions to change in response to intermolecular
forces. All other intramolecular degrees of freedom are optimised
to their DFT-D equilibrium values. The optimisation is performed
numerically by iterating between inter- and intramolecular cal-
culations. Intermolecular packing forces were calculated with
DMACRYS 2.0.4, using the W99rev6311 force field and distributed
multipoles, as described above.

We used an in-house method to automatically select flexible
degrees of freedom from the default Z-matrix generated by CRYS-
TALOPTIMIZER, as previously described,14 although for this study
we have improved the selectivity for 3-, 4- and 5-membered rings
(see the supplementary information for details).†

At the DFT level of theory we are using, crystals with more than
55 atoms per asymmetric unit, or crystals of large flat molecules
or macrocycles are often prohibitively expensive to optimize with
CRYSTALOPTIMIZER due to convergence difficulties in calculating
the molecular Hessian matrix. These problematic structures were
excluded.

2.4 Lattice dynamics

We have re-optimised the crystal structures obtained from CRYS-
TALOPTIMIZER and performed rigid-body lattice dynamics using
the W99rev6311P force field.43 This force field was parametrised
specifically to be used together with multipoles derived from a
charge density obtained in a polarizable continuum model (PCM).
A relative permittivity of εr = 5.0 was used in this study.

For all crystal structures, we calculated the lattice-vibrational
free energy at 0 K and at the respective melting point for each
structure with both the harmonic and quasi-harmonic methods,
as described in the ESI† and our previous article.32 These cal-
culations make use of a Debye approximation for the acoustic
phonon dispersion near the Brillouin zone centre, and a Gaussian
kernel density estimate (KDE) of dispersion around all calculated
phonon frequencies.

At non-zero temperatures we calculate the free energy in the
harmonic approximation, AHA(T ), as the sum of the lattice energy
and the vibrational energy, FHA

vib (T ), from the phonon frequency
density of states calculated at the fully relaxed structure

AHA(T ) = Elatt +FHA
vib (T ) (3)

The thermal expansion caused by zero-point vibrations is implic-
itly included in the empirical force field, which was parametrised
to fit lattice energy minima to low temperature crystal structures.
Therefore, we calculate the harmonic (HA) and quasi-harmonic
(QHA) free energy at 0 K as:

AQHA(0) = AHA(0) = Elatt +ZPE (4)

The harmonic approximation is based on an assumption that
phonon frequencies and the crystal structure do not change with

Journal Name, [year], [vol.],1–12 | 3



temperature. Our previous results using the harmonic model14

have shown that vibrational contributions can alter polymorph
relative stabilities by up to about 2 kJ mol−1, which is mostly
due to entropy differences. These contributions are significant
since the static energy difference between pairs of polymorphs is
found to be less than 2 kJ mol−1 in over half of the molecules
investigated. However, at temperatures near the melting point
the harmonic model could lead to unacceptable errors. We have
previously described our implementation of a quasi-harmonic
method to account for thermal expansion and the temperature-
dependence of lattice vibrations.32

Thermal expansion and free energies in the quasi-harmonic ap-
proximation are calculated using the thermal pressure method,36

where a thermal pressure is calculated from the change in vi-
brational energy with volume, Pth(T ) =−∂Fvib(T )/∂V . Geometry
optimisation in the rigid body approximation at −Pth results in a
thermally expanded crystal structure close to the free energy min-
imum at constant pressure. The quasi-harmonic free energy AQHA

can then be calculated for the thermally expanded structure as

AQHA(T ) = Elatt(T )+FQHA
vib (T ) (5)

All lattice dynamics calculations were performed in DMACRYS

2.0.4,31 using algorithms that have been described else-
where.32,54–56 Full details of the free energy calculations are pro-
vided in the supplementary information.†

For a number of structures it was not possible to obtain a
valid energy minimum. The structures MALOAM01, SIRMIQ
and SALIAZ02 drastically changed structure when the thermal
pressure was applied and were excluded. In addition, 42 poly-
morph families were excluded because one or more of the struc-
tures became unstable at negative pressures, exhibiting imaginary
phonon frequencies and indefinite elastic tensors.

Elastic moduli were calculated for a crystalline aggregate of
each structure by averaging over the calculated elastic tensors,
for which we used the Hill average.57 The thermal expansion is
expected to lead to significant softening, lowering the bulk and
shear moduli as the temperature is raised. This effect is inves-
tigated between 0 K and the melting point. Due to the impor-
tance of mechanical properties for processing at room tempera-
ture, thermal expansion calculations were repeated for the entire
structure set at 298 K, to also determine room temperature bulk
and shear moduli distributions.

2.5 Melting point predictions

Melting points are known for many of the polymorphs in the set.
The melting temperature differences between polymorphs are
smaller than the required accuracy for our purposes. Therefore,
we have only attempted to determine one melting point per poly-
morph family. We have used experimentally determined melting
temperatures whenever this was reported in the CSD. This was
the case for 225 (44%) of the 508 initially selected polymorph
families.

For all other polymorph families, we have predicted the melt-
ing points using two different methods. The first method is based
on molecular fragment contributions, and is implemented in the

MTBTNT program in the EPASUITE 58 software by the US Envi-
ronmental Protection Agency. The program internally uses two
algorithms for estimating the melting temperature and returns
a weighted average of these. The first algorithm is based on
Joback’s method.59 The second algorithm estimates the melting
point as Tm = 0.5839 · Tb as suggested by Gold & Ogle,60 where
Tb is the boiling point, which is also calculated from fragment
contributions using a method by Stein & Brown.61 The MTBTNT

program takes SMILES strings42 as input. These were obtained
from atomic coordinates via the OPEN BABEL software.62

However, molecular fragment based methods are notoriously
imprecise and the standard deviation of the error in estimated
melting points is 63.9 K.58 We have therefore attempted to im-
prove the predicted temperatures by using a second method re-
lying on the correlation between lattice enthalpies and melting
points. A straight proportionality is sometimes assumed between
these quantities,63 but we do not find this to be correct. A good
fit can be obtained after a variance-stabilising Anscombe trans-
formation in the form of a square root.64 A non-linear regression
analysis in MINITAB 17 between the 225 previously obtained ex-
perimental melting points and the crystals’ intermolecular ener-
gies Einter yields the following model for the melting points:

Tm = 39.0 K ·
√
−Einter mol/kJ (6)

The intermolecular energies were taken from our previous
study.14 The residual standard deviation for this model is 54.5 K,
and we note that this very simple regression model yields more
accurate melting point predictions than the molecular fragment
method. Details of the regression and residual analysis are in-
cluded in the ESI.†

We have used the mean of these two methods as our predicted
melting temperatures. We estimate the mean absolute error of
this average to be 39 K, or less than 10%. Predicted and ex-
perimental melting temperatures are included as supplementary
information.†

2.6 Detailed study of selected systems

We performed a more in-depth study of a few selected systems.
These were chosen primarily as families with several experimen-
tally well characterized polymorphs.

Plenty of experimental data have been reported for polymorphs
of the following compounds: acridine (ACRDIN),65,66 1,2-
ethanediamine (ETDIAM),67,68 m-nitrophenol (MNPHOL),69–71

acetaminophen/paracetamol (HXACAN),72,73 glutaric acid
(GLURAC),74–76 octa-sulfur (FURHUV),77–80 adipic acid (ADI-
PAC),81,82 2,2′-dipyridylamine (DPYRAM),83 theophylline
(BAPLOT),84–89 and pyrazine-2-carboxamide (PYRZIN).90

Polymorphs of these compounds were studied computationally
in greater detail. We have calculated free energy curves, ther-
mal expansion rates and phonon densities of states that can be
compared to published experimental data.

The lattice energy was calculated relative to the energy of the
gas phase molecular conformer. Continuous free energy curves
were obtained by hermite piecewise polynomial interpolation,91

using both the free energy and analytic first derivatives (en-
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Fig. 1 Calculated phonon density of states for the monoclinic phase I of
paracetamol as a function of temperature. The thermal expansion
causes a shift in the density of states towards lower frequencies.
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Fig. 2 Calculated volumetric thermal expansion (dashed lines)
compared to experimental reference data (solid lines) of: monoclinic
m-nitrophenol (MNPHOL mc); 1,2-ethanediamine form Iα (ETDIAM Iα);
β -sulfur (FURHUV β ); glutaric acid form β (GLURAC) and paracetamol
form I (HXACAN I).

tropies) at several temperatures.

3 Results and Discussion
We first present the results of studies of selected crystal structures.
Comparisons to experimental data allows us to estimate the over-
all accuracy of the calculations. We then show general trends in
the whole set of polymorph pairs. We direct the reader to the
supplementary information for additional figures that could not
be included here.†

3.1 Results for particular systems
For polymorphs of selected compounds we calculated free en-
ergy curves, the thermal expansion and phonon densities of states
which can be compared to published experimental data. Only a

few results are shown here, most results are included in the ESI.†

In the harmonic approximation, the phonon frequencies are
assumed not to change with temperature. In reality, the vibra-
tions soften as the molecules move apart due to thermal expan-
sion, resulting in a shift toward lower frequencies. This frequency
shift is reproduced well with the quasi-harmonic approximation.
In Figure 1 we show the calculated temperature dependence of
the phonon density of states in paracetamol form I (HXACAN12).
Corresponding figures for crystals of m-nitrophenol, glutaric acid,
sulfur and 1,2-ethanediamine are included in the supplementary
info (Figures S4-S7).† The temperature dependence of phonon
frequencies was compared to low-frequency variable-temperature
Raman spectra.68,70,80 In all cases we see a realistic softening of
the vibrational frequencies with increasing temperature, often in
quantitative agreement with experiment.

In Figures 2 and S8-S16 we compare the calculated anisotropic
and volumetric thermal lattice expansion of the same five crystal
structures to experimental data. All five structures have too large
unit cell volumes, caused by a known systematic error in the force
field.32,43 The mean absolute relative error in calculated thermal
expansion coefficients is estimated to be 15% based on data for 9
crystal structures, see Table 1, and the calculations do not system-
atically over of under-estimate the thermal expansion (the mean
signed error is 2.5%). The coefficients were calculated as a linear
thermal expansion between 0 to 350 K for predictions (0 to 250 K
for ETDIAM, which melts at 284 K) and by a linear regression
of experimental data in the CSD over the indicated temperature
ranges.

Full quasi-harmonic free energy curves were drawn for poly-
morphs of paracetamol (Fig. 3a), m-nitrophenol (Fig. 3b),
acridine, adipic acid, 2,2′-dipyridylamine, theophylline, and
pyrazine-2-carboxamide (Figs. S17-S26).

Paracetamol forms I, II and III we find to be monotropically
related (at zero pressure, Fig. 3a), in agreement with experimen-
tal data.92,93 The monoclinic polymorph of m-nitrophenol has a
larger entropy than the orthorhombic form and the free energy
curves almost reproduce the known enantiotropic transition point

Table 1 Calculated and experimentally observed volumetric thermal
expansion coefficients in units of 10−6 K−1. The temperature range is
the range used for the experimentally determined structures used in the
regression; CSD reference codes for the structures used are given in
the supplementary information. Errors are quoted for all experimental
values from the standard errors of the regression, apart from DPYRAM,
for which only two structures are available. Room temperature
structures are taken as 293 K.

Structure Calc. α Exp. α Temp. range [K]
MNPHOL mc 211.9 214.6 ± 14.9 95–350
ETDIAM Iα 270.5 193.0 ± 38.7 130–274
FURHUV β 187.3 154.6 ± 24.6 100–218
GLURAC β 164.6 206.6 ± 21.5 120–373
HXACAN I 154.4 156.9 ± 15.3 20–330
ADIPAC I 173.8 198.4 ± 11.3 100–293
DPYRAM mc 178.9 164.8 150–293
PYRZIN β 155.3 181.1 ± 12.3 90–293

MA%E = 15.0%
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Fig. 3 Quasiharmonic calculated free energy curves of polymorphs of
paracetamol and m-nitrophenol. (a) Shows the calculated absolute free
energy vs temperature curves for polymorphs I, II and III of
paracetamol, which are correctly found to be monotropic and in the
experimentally observed stability order. (b) Shows the calculated
difference in free energies between the monoclinic (mc) and
orthorhombic (o) forms of m-nitrophenol. The known enantiotropic
transition at 350 K is almost reproduced.

at 350 K (Fig. 3b).
Calculated vibrational energies and entropies are realistic and

sometimes in good agreement with experimental data. The com-
plete free energy curves are however often not in agreement with
experimental data. This is primarily because of errors in the 0 K
relative lattice energies; if polymorphs are incorrectly ranked by
lattice energy the free energy relationship will also be wrong.

3.2 General trends among polymorphs
In the end, 864 crystal structures were successfully free-energy
minimised. The structures constitute 391 pairs, 26 triplets and 1
quadruplet of polymorphs, for a total of 418 polymorph families
and 475 pairwise comparisons. Experimentally known melting
points were used for 174 families (42%) and for 244 families we
have used predicted melting temperatures. We find no differences
in the trends between the sets with experimentally known and
predicted melting points.

Most crystal structures in this study have melting points be-
tween 350 and 470 K, see Fig 4. Since these temperatures are
substantially higher than room temperature, we expect to see a
larger vibrational contribution to the free energy and more re-
ranking of polymorph stabilities compared to previous room tem-
perature studies.13,14

3.2.1 Thermal expansion and mechanical properties

The volumetric thermal expansion coefficient of each crystal
structure was calculated as a finite difference between the 0 K
and the thermally expanded structure. Figure 5a displays the
distribution of expansion coefficients for the whole set of struc-
tures. The thermal expansion coefficient is typically between
80–240 × 10−6 K−1, corresponding to an expansion of 0.8 and
2.4% per 100 K, which can be used as a rule of thumb for or-
ganic molecular crystals in general. The largest thermal expan-
sions are seen for weakly bound crystals of organic solvents,
such as acetonitrile (QQQCIV01 and QQQCIV08, 747 and 749
× 10−6 K−1), chloroethane (XAXCOQ and XAXCOQ02, 614 and
563 × 10−6 K−1), cyclobutanol (KETVEK01 and KETVEK03, 408
and 528 × 10−6 K−1) and 2,5-dimethylpyrazine (WIZFEQ and
WIZFEQ01, 648 and 208 × 10−6 K−1).

The pairwise differences in volumetric thermal expansion coef-
ficient between polymorphs are shown in Figure 5b. Differences
in thermal expansion coefficients are less than 15.8 × 10−6 K−1

for 50% of pairs, and rarely differ by more than 50 × 10−6 K−1.
So, while thermal expansion tends to be similar between poly-
morphs, the differences can sometimes be relatively large.

The thermal expansion of a crystal is related to its elastic prop-
erties and differences in bulk and shear moduli are often of in-
terest, for example in the manufacturing of drug tablets. The Hill
averaged bulk and shear moduli calculated for all structures at 0 K
are displayed in Figures 6a & 7a. The calculated bulk and shear
moduli for small organic molecule crystalline aggregates are usu-
ally 8–15 GPa and 2–8 GPa respectively at low temperature.

Bulk modulus differences between polymorphs exceed 2 GPa
in only 10% of polymorph pairs and are less than 0.5 GPa in
41% of pairwise comparisons, see Fig 6 (and Figs S27-S28 for
corresponding differences calculated at 298 K). These small dif-
ferences in the resistance to volume changes partly explain why
polymorphs also tend to have similar thermal expansion coeffi-
cients. We find that the shear moduli also rarely differ by more
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Fig. 4 Distributions of experimental (green) and predicted (blue) melting
point temperatures for the 418 polymorph families.
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Fig. 5 (a) Distribution of calculated volumetric thermal expansion
coefficients in the set of 864 crystal structures. (b) Pairwise absolute
differences in volumetric thermal expansion coefficients for 475
polymorph pairs.
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Fig. 6 (a) Distribution of T = 0 K calculated bulk moduli for the entire set
of crystal structures. (b) Pairwise absolute differences in bulk modulus
between polymorphs at 0 K.

than 2 GPa between polymorphs of the same compound, although
this corresponds to a larger relative difference because of the typ-
ically smaller values of shear moduli. Since low shear moduli
can relate to facile plastic deformation, the relatively large differ-
ences in shear moduli (Fig. 7 and S29-S30 at 298 K) demonstrate
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Fig. 7 (a) Distribution of T = 0 K calculated shear moduli for the entire
set of crystal structures. (b) Pairwise absolute differences in shear
modulus between polymorphs at 0 K.

why polymorph differences have important consequences for the
tabletability of pharmaceuticals.94

Pairwise absolute differences in elastic moduli between poly-
morphs at 0 K are shown in Figures 6b & 7b.

3.2.2 Free energies

The thermal expansion leads to a softening of vibrational modes
and hence an increase in vibrational entropy. This is counteracted
by a less favourable lattice energy with increasing volume. The
resulting total energetic effect of thermal expansion can be calcu-
lated as the difference between the quasi-harmonic free energy
AQHA and the harmonic approximation free energy AHA. This
difference, calculated at the melting point of each structure, is
displayed in Figure 9a. Based on this large set of structures,
we calculate that thermal expansion typically contributes only
1.7 kJ mol−1 and never more than 4 kJ mol−1 to the total free
energy of organic molecular crystals.

Our results are consistent with those of Heit and Beran’s
fragment-based quantum chemical study of four crystals of small
molecules (carbon dioxide, water, acetic acid and imidazole),
where the neglect of thermal expansion led to free energy errors
of up to about 1 kJ mol−1.38 We find that the effect is often larger
than 1 kJ mol−1, which is likely due to our set containing larger
molecules, for which the absolute energies are larger.

The thermal expansion contributions to the free energy differ-
ence between polymorph pairs is shown in Fig 9b. This distribu-
tion is essentially normally distributed around zero with standard
deviation 0.42 kJ mol−1. Hence, we do not see a trend in the ther-
mal expansion contribution that tends to reduce the free energy
difference between polymorphs, as is the case for the harmonic
contribution.14 The thermal expansion rarely changes the rela-
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tive stability between polymorphs by more than a small fraction
of 1 kJ mol−1 and never by more than 2 kJ mol−1. For this rea-
son, our harmonic approximation results presented previously14

are an accurate description of room temperature polymorph free
energy differences.

Thermal expansion also leads to a softening of the crystal struc-
ture. The bulk and shear moduli decrease with temperature so
that near the melting point, the bulk modulus has reduced by on
average 50%, see Figure 8. The decrease in shear modulus with
temperature is slightly less, with most crystals showing a decrease
of between 30–50% from 0 K to the melting point. Calculated
bulk and shear modulus distributions, and polymorph difference
distributions at 298 K are shown in the supplementary informa-
tion (Figures S27-S30).†

In Figure 10 we show the correlation between polymorph pair-
wise energy differences at 0 K (including vibrational zero-point
energy) and at the melting point calculated in the quasi-harmonic
approximation. Even at the melting temperature, there is a strong
correlation between the temperature-dependent free energy and
the 0 K energy, just as has been shown previously at room tem-
perature.14

The shaded green region in Figures 10 and 11 shows where a
re-ranking of the relative thermodynamic stability occurs for the
polymorphs between 0 K and the melting point, meaning that the
computational model predicts an enantiotropic relationship be-
tween polymorphs in this region. In the quasi-harmonic approxi-
mation 21% of the pairs fall within this region, compared to 17%

(a)

0 20 40 60 80 100
Decrease in bulk modulus [%]

0

20

40

60

80

100

N
um

be
ro

fs
tr

uc
tu

re
s

(b)

0 10 20 30 40 50 60 70 80
Decrease in shear modulus [%]

0

20

40

60

80

100

N
um

be
ro

fs
tr

uc
tu

re
s

Fig. 8 Distributions of the calculated percentage decrease between 0 K
and the melting point in (a) the bulk moduli and (b) the shear moduli of
all crystal structures in the set.
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Fig. 9 (a) The absolute contribution to the calculated free energy due to
thermal expansion for all structures in the polymorph set, calculated at
the melting point (Tm) as the difference between the quasi-harmonic
(thermally expanded) and harmonic free energy, AQHA(Tm)−AHA(Tm).
(b) The pairwise differences in contribution due to thermal expansion to
the relative thermodynamic stability of polymorphs at their respective
melting temperatures, ∆(AQHA(Tm)−AHA(Tm)). Distributions are shown
for molecular crystals with predicted (blue) and experimental (green)
melting points.

in the harmonic approximation. This is substantially more than
the 9% we have previously found to be re-ranked below 300 K,14

which is expected since the melting points are substantially higher
than 300 K for the vast majority of the crystals studied.

The free energy vs temperature curves of polymorphs can either
diverge with increasing temperature or converge. Diverging free
energy vs temperature curves have previously been described as
extremely rare,12 because the higher energy polymorph is gener-
ally expected to be less well packed, leading to lower vibrational
frequencies and a higher entropy. Indeed, only a few polymorph
pairs with possibly diverging curves have been studied experi-
mentally.12,95,96 Our results, on the other hand, predict that di-
verging free energy curves should be common, occurring in 38%
of cases. At least some of this discrepancy is most probably caused
by incorrect lattice energy rankings for some of the polymorphs
with our energy model, which might lead to an overestimation
of diverging polymorph pairs. For the same reason, the frac-
tion of enantiotropic polymorph pairs (21%) may be underesti-
mated. We have previously shown that trends in polymorph lat-
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tice energy and vibrational entropy differences with packing ef-
ficiency (or volume) exist, but are very weak.14 We believe that
the larger proportion of polymorph pairs with diverging free en-
ergy vs temperature curves than was previously expected are due
to the weakness of these trends and the fact that both lattice en-
ergy and entropy have a more complex relationship with crys-
tal structure than simply to packing efficiency. If the prediction
in our study is true, it is a significant finding that a significant
proportion of polymorphic systems have diverging free energy vs
temperature curves, and this prediction should be revisited as the
models lattice energies and vibrational energy contributions are
further improved.

The thermal expansion and the resulting softening of the vi-
brational modes only marginally affects the relative stabilities of
polymorphs. However, since many pairs are just on the border
of being re-ranked, even this small contribution is enough to in-
crease the proportion of re-ranked pairs – those whose order of
stability changes from 0 K to their melting point – from 17 to
21%. For comparison, we also examined the importance of the
zero-point energy by comparing the AQHA(Tm) vs AQHA(0) re-
ranking (Fig. 10), which includes zero-point energy at 0 K, to
the AQHA(Tm) vs Elatt re-ranking (see supplementary information,
Fig. S3), where zero-point energy is neglected at 0 K. Neglect-
ing zero-point energy at 0 K changes the proportion of re-ranked
structures from 21 to 17%, i.e. the same impact as neglecting
thermal expansion (Fig. S1). These results indicate that the en-
ergy changes due to thermal expansion and zero-point energy are
of approximately equal importance to polymorph relative stabil-
ities, but both small compared to the total effect of vibrational
energies on polymorph stabilities.

4 Conclusions
Quasi-harmonic lattice dynamics calculations have been per-
formed on a large set of polymorphs of organic molecules, as a
general assessment of the temperature-dependence of their prop-
erties, and to gauge the magnitude of typical property differences
between polymorphs. The force field based lattice dynamical
methods described here offer a good compromise between accu-
racy and computational cost, facilitating well-converged lattice-
vibrational calculations on hundreds of crystal structures.

The most important observation is that polymorphs have a
strong tendency to have very similar properties. Due to com-
pensation between lattice energies and entropies, free energy
differences between polymorphs are typically smaller than lat-
tice energy differences, making it very challenging to correctly
reproduce temperature dependent polymorph stability rankings.
The methods for calculating accurate vibrational energies and
entropies are quite well developed, and the errors in calculated
static 0 K lattice energy are still an important limitation. Even
more accurate force fields are still needed for organic molecular
crystals.

Temperature-dependent predictions for individual polymorph
systems are still unreliable. However, because of the large set of
structures studied here, we are confident in the overall trends.
Thus, we predict that at least one fifth of molecular polymorph
pairs are enantiotropic. To our knowledge, this is the first predic-
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Fig. 10 The correlation between the free energy difference in each
polymorph pair at 0 K (including vibrational zero-point energy) and the
free energy difference at the melting point temperature (Tm) in the
quasi-harmonic approximation. The shaded green triangular region
marks the 21% of polymorph pairs that were re-ranked by vibrational
energy. Green and red data points denote polymorphs for which we
have used experimentally measured and predicted melting points,
respectively.

tion of how common enantiotropism is in general.
Bulk and shear moduli have been calculated for the entire set of

crystal structures. These mechanical properties have a very pro-

0.0 2.0 4.0 6.0 8.0 10.0 12.0 14.0

∆AQHA(0) [kJ mol−1]

-6.0

-4.0

-2.0

0.0

2.0

4.0

6.0

∆
FQ

H
A

vi
b

(T
m

)[
kJ

m
ol
−

1 ]

Fig. 11 The quasi-harmonic vibrational energy differences at the
melting point (Tm) relative to the 0 K relative stability between pairs of
polymorphs. The 0 K energies include vibrational zero-point energy. The
background colours indicate pairs that have diverging (red) and
converging (yellow and green) free energy curves, and which pairs are
re-ranked (green). Green and red data points denote polymorphs for
which we have used experimentally measured and predicted melting
points, respectively.
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nounced temperature-dependence and, while polymorphs tend to
have very similar elastic moduli, the differences can be important
– we calculate polymorph differences of up to about 2 GPa in the
low temperature bulk and shear moduli.

We can reproduce realistic thermal expansions and the
temperature-dependence of vibrational spectra, often in good
agreement with experimental data.

In crystal structure prediction, harmonic approximation free
energies are becoming more commonplace.33 Since thermal con-
tributions can be significant, this should improve the predictive
ability, and also provide additional insight regarding the prop-
erties of the predicted structures. Even when accounting for
thermal expansion, lattice vibrations never change the relative
stability between polymorphs by more than 5 kJ mol−1, at any
temperature (Figure 11). While vibrational energy contributions
can, therefore, be important and should not generally be left out
of polymorph energy studies, the impact of thermal expansion
on the vibrational energy contributions is small, especially when
considering free energy differences between polymorphs. Thus,
we believe that thermal expansion can safely be ignored for rou-
tine CSP-purposes, but should be accounted for when modelling
crystal structures at high temperatures, or for benchmarking pur-
poses.32

The findings here depend on the reliability of the force field
used in the calculations, which does have some systematic errors,
such as a small systematic underbinding of crystals. Therefore,
we encourage the application of other, perhaps more accurate
lattice energy methods for revisiting this large-scale study, as the
methods develop and become more computationally accessible.
Thus, the entire set of geometry-optimised polymorph pairs – the
Nyman Polymorph Library (NPL2016) – is included in the sup-
plementary information. This is a large set of polymorph pairs
without experimental artefacts such as missing or disordered hy-
drogen atoms. In addition, we supply melting point temperatures,
SMILES and InChi strings for their respective molecules and other
data. We hope that this set of crystal structures will facilitate fur-
ther computational studies of polymorphism.
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70 G. Wójcik, J. Giermańska, Y. Marqueton and C. Ecolivet, Jour-

nal of Raman spectroscopy, 1991, 22, 375–381.
71 G. Wójcik, B. Jakubowski, M. M. Szostak, K. Hołderna-

Natkaniec, J. Mayer and I. Natkaniec, physica status solidi (a),
1992, 134, 139–150.

72 C. Wilson, Zeitschrift für Kristallographie-Crystalline Materials,
2000, 215, 693–701.

73 B. A. Kolesov, M. A. Mikhailenko and E. V. Boldyreva, Physical
Chemistry Chemical Physics, 2011, 13, 14243–14253.

74 P. Espeau, P. Négrier and Y. Corvis, Crystal Growth & Design,
2013, 13, 723–730.

75 S. Bhattacharya, V. G. Saraswatula and B. K. Saha, Crystal
Growth & Design, 2013, 13, 3651–3656.

76 J. Grip and E. J. Samuelsen, Physica Scripta, 1984, 29, 556.
77 L. M. Goldsmith and C. E. Strouse, Journal of the American

Chemical Society, 1977, 99, 7580–7589.
78 W. David, R. Ibberson, S. Cox and P. Wood, Acta Crystallo-

graphica Section B: Structural Science, 2006, 62, 953–959.
79 B. Eckert and R. Steudel, in Elemental Sulfur und Sulfur-

Rich Compounds II, ed. R. Steudel, Springer Berlin Heidel-
berg, Berlin, Heidelberg, 2003, ch. Molecular Spectra of Sul-
fur Molecules and Solid Sulfur Allotropes, pp. 31–98.

80 G. Gautier and M. Debeau, Spectrochimica Acta Part A: Molec-

ular Spectroscopy, 1976, 32, 1007–1010.
81 R. S. Gopalan, P. Kumaradhas and G. Kulkarni, Journal of

Solid State Chemistry, 1999, 148, 129–134.
82 H.-K. Fun and S. Chantrapromma, Acta Crystallographica Sec-

tion E, 2009, 65, o624.
83 H. Schödel, C. Näther, H. Bock and F. Butenschön, Acta Crys-

tallographica Section B, 1996, 52, 842–853.
84 P. Upadhya, K. Nguyen, Y. Shen, J. Obradovic, K. Fukushige,

R. Griffiths, L. Gladden, A. Davies and E. Linfield, Spectroscopy
letters, 2006, 39, 215–224.

85 L. Seton, D. Khamar, I. J. Bradshaw and G. A. Hutcheon, Crys-
tal Growth & Design, 2010, 10, 3879–3886.

86 D. Khamar, R. G. Pritchard, I. J. Bradshaw, G. A. Hutcheon and
L. Seton, Acta Crystallographica Section C, 2011, 67, o496–
o499.

87 B. Legendre and S. L. Randzio, International Journal of Phar-
maceutics, 2007, 343, 41–47.

88 M. Karjalainen, S. Airaksinen, J. Rantanen, J. Aaltonen and
J. Yliruusi, Journal of Pharmaceutical and Biomedical Analysis,
2005, 39, 27–32.

89 E. D. L. Smith, R. B. Hammond, M. J. Jones, K. J. Roberts,
J. B. O. Mitchell, S. L. Price, R. K. Harris, , D. C. Apperley, J. C.
Cherryman and R. Docherty, The Journal of Physical Chemistry
B, 2001, 105, 5818–5826.

90 S. Cherukuvada, R. Thakuria and A. Nangia, Crystal Growth
& Design, 2010, 10, 3931–3941.

91 F. T. Krogh, Mathematics of Computation, 1970, 24, 185–190.
92 P. Espeau, R. Céolin, J.-L. Tamarit, M.-A. Perrin, J.-P. Gauchi

and F. Leveiller, Journal of Pharmaceutical Sciences, 2005, 94,
524–539.

93 M.-A. Perrin, M. A. Neumann, H. Elmaleh and L. Zaske, Chem-
ical Communications, 2009, 3181–3183.

94 E. Joiris, P. Di Martino, C. Berneron, A.-M. Guyot-Hermann
and J.-C. Guyot, Pharmaceutical Research, 1998, 15, 1122–
1130.

95 L. Yu, Journal of Pharmaceutical Sciences, 1995, 84, 966–974.
96 C.-H. Gu, V. Young and D. J. Grant, Journal of Pharmaceutical

Sciences, 2001, 90, 1878–1890.

12 | 1–12Journal Name, [year], [vol.],


