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a b s t r a c t

Over the last century Earth’s surface temperatures have warmed by order 1 K as a global average, but
with significant variation in latitude: there has been most surface warming at high Northern latitudes,
around 3 times more than in low latitude regions (termed Arctic Amplification), while there has been
least warming over the Southern Ocean. Many contributing processes have been suggested to explain
this asymmetrical latitudinal warming pattern, but quantification of the contributing factors responsi-
ble remains elusive. Complex general circulation climate models can reproduce similar asymmetrical
patterns of warming, but it can be difficult to interpret the contributing processes. Meanwhile, idealised
conceptual energy balance climate models have been able to reproduce a general polar amplification
of warming whose origins can be interpreted, but this warming is often symmetrical across both
hemispheres and may not be responsible for the real-world pattern. Here, we use a conceptual Energy
Balance Model, with imposed closures for initial horizontal diffusivity and cloudiness drawing upon
observational constraints and including temperature-dependent diffusivity and a sub-surface ocean
heat reservoir, to show that the magnitude of present-day Arctic Amplification may arise through
relatively simple thermodynamic (Clausius–Clapeyron) and radiative (climate feedback) processes. The
current asymmetry between hemispheric warming may arise due to the transient heat transport up
through the base of the surface ocean mixed layer from the slow-responding deep ocean to the fast-
responding surface ocean being dominated by upwelling in the Southern Ocean. It should be noted
that the processes identified here are not a unique in offering a potential solution, and so significant,
or dominant, roles for dynamical processes remain plausible explanations for Arctic Amplification.

© 2023 The Author(s). Published by Elsevier B.V. This is an open access article under the CC BY license
(http://creativecommons.org/licenses/by/4.0/).
1. Introduction

The current period of climate change is characterised by ris-
ng surface temperatures driven by anthropogenic emission of
reenhouse gasses [1], with the global and annual mean surface
emperature having so far risen by order 1 K since the late 19th
entury. However, the warming has not been evenly distributed
ith latitude (HadCRUT5, [2]; Fig. 1, black): zonal and annual
ean surface temperatures have risen around 3 times more in

he Arctic than at the equator over the last hundred years (Fig. 1,
lack), while zonal and annual average temperatures over the
outhern Ocean, at latitudes around 55◦ to 60◦ S, have risen less
han at the equator.

Earth’s climate has undergone many periods of natural climate
hange in the past, and reconstructions reveal key instances
here the change in surface temperatures in Polar regions was

∗ Corresponding author.
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167-2789/© 2023 The Author(s). Published by Elsevier B.V. This is an open access a
greater than in equatorial regions: e.g. the last glacial termina-
tion [3] (Fig. 1, red) and the Palaeocene–Eocene Thermal Maxi-
mum [4] (Fig. 1, blue). While reconstructions from both periods
reveal enhanced warming at high latitudes relative to low lati-
tudes, neither period has the same asymmetrical pattern as the
observed warming over the last century (Fig. 1).

The faster observed rate of warming at high Northern lati-
tudes, termed Arctic Amplification, has had many proposed ex-
planations (e.g. [5,6]), which may be acting together. These con-
tributing processes may involve: (i) modifications in vertical ra-
diative balance, such as involving changes in albedo at high
latitude as the local temperatures warm due to ice loss; (ii)
dynamical features of the atmosphere and/or ocean, such as in-
volving changes in poleward heat transport due to atmosphere
and/or ocean circulation changes; or (iii) combined radiative and
circulation responses, such as involving changes in albedo due to
changes in atmospheric cloud distributions.

This study uses Energy Balance Models (EBMs) to explore
possible explanations for the observed latitudinal variation in
surface warming (Fig. 1, black). Some previous Energy Balance
rticle under the CC BY license (http://creativecommons.org/licenses/by/4.0/).
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Fig. 1. Reconstructed amplification of surface temperature change with latitude during three periods of global climatic change, expressed relative to equatorial
temperature change. Shown are the latitudinal amplification of surface temperature change during: the historic period from 1900–1920 to 2000–2020 from the
HadCRUT5 observational reconstruction (Black: [2]); the Pleistocene Last Glacial Maximum to late Holocene (red: [3]) and Palaeocene Eocene Thermal Maximum
warming (blue: [4]) from analyses combining geological proxy archives with numerical climate models.
s

u

Model studies provide steady-state analytical solutions or ap-
proximations (e.g. [7–9]), and rely on simple functional form
closures. However, there are difficulties in choosing simple func-
tional forms for key closures in Energy Balance Models, such
as the lateral heat diffusivity and cloudiness, which are repre-
senting very complex physical processes (see e.g. [10]). Instead
of attempting functional form closures for these two quanti-
ties, the EBMs presented here impose distributions implied from
observations of the recent climate state.

Here, three conceptual energy balance climate models (EBMs)
re presented and numerically solved to explore plausible reasons
or both the observed Arctic Amplification of warming and the
bserved reduced warming over the Southern Ocean over the
ast century (Fig. 1, black). The first model, inspired by classic
BMs (e.g. [8,11,12]), has diffusive poleward heat transport based
n dry bulb temperature with diffusivity unaffected by surface
arming. The second conceptual EBM presented, inspired by
oist static diffusive EBMs (e.g. [9]), has changes in the efficiency
f lateral heat transport, represented by lateral diffusivity, with
arming to account for changes in the latent to dry energy
hange as air warms. The third EBM combines the second EBM
ith a deep ocean heat reservoir, inspired by classic two-box
cean models exploring the impact on transient warming of the
arge heat capacity deep ocean (e.g. [13]).

In this study, the three presented EBMs are solved numeri-
ally by employing a time-stepping scheme to transfer energy
orizontally within the surface climate layer and between the
urface climate layer and sub-surface ocean with 5◦ latitudinal
esolution (code supplied). This study solves an EBM numerically
ecause: (i) latitudinal variation in observationally constrained
ateral diffusivity and cloudiness do not have simple functional
orms; (ii) a transient solution is sought in Section 4. The goal is to
dentify possible causes of the observed Arctic Amplification and
elatively damped Southern Ocean warming using a model whose
quations are empirically constrained, simple enough to interpret
nd have enough theoretical justification to provide mechanistic
nsight.

Next the energy balance of the Earth is described in a global
ean and then this approach is generalised to include latitudinal
hanges in the energy balance.
 f

2

1.1. Earth’s global spatial mean energy balance

The global spatial net heat uptake of the Earth system at
the top of the atmosphere (TOA), H in Wm−2, is given by the
difference between the incoming solar radiation, Rin in Wm−2,
and the outgoing radiation, Rout in Wm−2,

H = Rin − Rout (1)

where an overbar indicates a global spatial mean value and Rout ,
depends in some way on Earth’s global mean surface tempera-
ture, TS in K. A radiative forcing of Earth’s climate, δF in Wm−2,
is defined as the change in incoming solar radiation minus the
change in outgoing radiation at fixed surface temperature due to
some perturbation,

δF = δRin − δ Rout
⏐⏐
δT=0 (2)

where perturbation to outgoing radiation could arise by changing
the atmospheric composition, for example release of greenhouse
gasses. Initially, with surface temperature held constant, δTS = 0,
the net energy imbalance is equal to the radiative forcing,H = δF .
After some time with H ̸= 0, the energy imbalance alters Earth’s
urface temperature, δTS ̸= 0, and we have,

H = δF − δ Rout
⏐⏐
δT = δF − λδTS (3)

where δ Rout
⏐⏐
δT (in Wm−2) is the Earth’s global mean radiation

response from changing surface temperature, and λ =
∂ Rout |δT

∂T
(in

Wm−2K−1) is termed Earth’s climate feedback. Eventually, Earth’s
energy balance is restored, H → 0, as Earth’s surface temperature
reaches a new steady state value such that,

δTS = δF/λ (4)

This feedback response is represented so far in terms of the
global-mean response to a temporal perturbation in radiative
forcing.

This study considers what determines the latitudinal pattern
encapsulated within this global-mean warming response, δTS ,
sing conceptual energy balance models. These Eqs. (1)–(4) re-
er to the global-mean energy balance, and global-mean surface
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emperature response to radiative forcing. The aim next is to ex-
end this approach and consider an equivalent latitudinal energy
alance, so as to address the controls on the latitudinal contrast
n warming response to radiative forcing.

Section 2 presents a new conceptual energy balance model,
sing observational records of Earth’s absolute surface tempera-
ure [14], top-of-the-atmosphere outgoing radiation under all-sky
nd clear-sky conditions [15] and cloudiness [16], to constrain
he idealised functional relationships governing longwave and
hortwave radiation and horizontal heat transport within the
odel. The model is then forced with incoming solar radia-

ion and the idealised functional relationships within the model
eproduce plausible simulations with latitude of Earth’s steady-
tate temperature, radiation budget and horizontal heat trans-
ort. Section 3 then perturbs this conceptual EBM first with a
ry-atmosphere approximation, finding that Arctic amplification
n warming is too small relative to observations. Section 4 per-
urbs the conceptual EBM secondly with a moist-atmosphere
pproximation, finding that Arctic amplification is of a similar
agnitude to observations, but that Antarctic warming is too
igh. Section 5 then introduces heat transfer between the sur-
ace and deep ocean in the third EBM, and finds that transient
arming contains both Arctic amplification and weaker Southern
emisphere warming in similar magnitudes to observations.

. A conceptual energy balance model inspired by observa-
ions

The conceptual EBM presented and used here solves for zonal-
nd annual-mean surface temperature with latitude. In the EBM
he global mean energy balance in Eqs. ((1)–(4)) need to be
xtended by considering latitudinal variations in the vertical radi-
tion balance, the horizontal heat transport and how the radiative
esponse to radiative forcing perturbations varies with latitude.

.1. Conceptual energy balance model

This sub-section considers the core vertical and horizontal bal-
nces in the model, and how the model is perturbed by radiative
orcing.

.1.1. Vertical radiation budget
The vertical radiation budget is considered separately for three

ky-conditions: entirely clear-sky (where there are no clouds),
ntirely cloudy-sky (where the fraction of area covered by cloud
s 1) and all-sky (where the fraction of cloud cover is as the
bserved climatology). The outgoing radiation at the top-of-the-
tmosphere (TOA) under some specified sky-condition i, Rout,i in

Wm−2, is given by,

Rout,i(φ) = Lout,i (φ) + Sout,i (φ) = εi(φ)σT 4
S (φ) + αi (φ) Rin(φ) (5)

where subscript i could indicate either clear-sky, cloudy-sky or
all-sky conditions; φ is latitude; Lout is the outgoing longwave
radiation at the top of the atmosphere (TOA); Sout is the outgoing
shortwave radiation at the TOA; ε is the local emissivity; σ is
the Stephan–Boltzmann constant in Wm−2K−4; TS is the local
surface temperature in K; α is the local albedo; and Rin is the local
incoming solar radiation in Wm−2. The following sub-sections
detail how emissivity, εi(φ), and albedo, αi (φ), are considered in
the model for clear-sky, cloudy-sky and all-sky conditions. Note
that all quantities are zonal-mean, and there is no seasonality
within the conceptual EBM.

2.1.2. Effect of horizontal heat transport
The zonal-mean heating of the system per unit area per unit

time, H in Wm−2, as a function of latitude is then equal to the
3

heat capacity, c in Jm−2K−1, multiplied by the rate of warming,
dTS
dt in Ks−1, which is equal to the difference between Rin and
Rout,AllSky plus the meridional convergence in the mean northward
horizontal heat transport, - ∂ f

∂y in Wm−2;

H (φ) = c (φ)
dTS
dt

(φ) = Rin (φ) − Rout,AllSky (φ) −
∂ f
∂y

(φ) (6)

where at steady state the temperatures stabilise and H (φ) = 0.

.1.3. Effect of radiative forcing perturbations on the latitudinal
adiative response

A positive radiative forcing to the latitudinal version of Eq. (2),
F (φ) in Wm−2, can arise from the net increase in incoming
adiation due to either an increase incoming solar radiation or
decrease in outgoing radiation at constant surface temperature,

F (φ) = δRin (φ) − δRout |δT=0 (φ) (7)

here increasing greenhouse gas concentrations leads to posi-
ive δF (φ) through a negative δRout |δT=0 (φ). Once the climate
system has responded to a radiative forcing, a new steady state
will eventually be reached whereby H (φ) = 0 at all latitudes,
Eq. (6), with δF (φ) is balanced through a latitudinally-varying
combination of the vertical radiative response from rising surface
temperatures, δ Rout,AllSky

⏐⏐
δT (φ), and the change in horizontal heat

flux, δ
[

∂ f
∂y

]
(φ),

F (φ) = δ Rout,AllSky
⏐⏐
δT (φ) − δ

[
∂ f
∂y

]
(φ)

=
∂Rout,AllSky

∂TS
(φ) δTS (φ) − δ

[
∂ f
∂y

]
(φ) (8)

where ∂Rout,AllSky
∂T in Wm−2K−1 is equal to the amount of addi-

tional outgoing radiation per unit increase in surface temper-
atures at some latitude. Evaluating from global averages, λ =

Rout,AllSky/∂TS gives the climate feedback (Eq. (4); e.g. [1,17]),
nd so here we refer to the local latitudinal value of ∂Rout,AllSky

∂T as
he effective climate feedback with latitude; although note that
ne cannot simply find the global spatial average of ∂Rout,AllSky

∂T to
valuate the climate feedback since the temperature perturbation
s not uniform. This study uses conceptual EBMs to explore why
he balancing of a uniform radiative forcing δF (φ), leads to the
observed latitudinal variation in surface warming, δTS (φ). The
first two conceptual EBMs consider the eventual steady state
response, Eq. (8), while the third considers additional transient
terms for heat exchange between the surface ocean and deep
ocean.

The conceptual Energy Balance Model solves for the steady
state zonal- and annual-mean surface temperature, TS , with lat-
tude, φ, from Eqs. ((5)–(8)) for: imposed incoming zonal-and
nnual- mean solar radiation with latitude, Rin(φ) in Wm−2;
arameterised heat transport with imposed horizontal diffusivity
ith latitude, κeff (φ) in W K−1 m−1, and (to account for the
ifferences between clear-sky, cloudy-sky and all-sky conditions)
mposed cloudiness with latitude, with fCA(φ) being the zonal-
nd annual-cloud amount fraction and fCI (φ) being the zonal-
nd annual-mean fraction of incoming shortwave radiation that
s incident on clouds. Note that fCA(φ) and fCI (φ) differ due to sub-
nnual variation in both incoming radiation and cloudiness. The
mposed fields for κeff (φ), fCA(φ) and fCI (φ) are calculated from
observational reconstructions of latitudinal variation in outgoing
radiation [15], surface temperatures [14] and cloudiness [16].

The following sub-sections detail the closures for the vertical
longwave, shortwave radiation and horizontal heat transport, and
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Fig. 2. Annual- and zonal-mean longwave and shortwave radiation budgets, emissivity and albedo with latitude under different sky-conditions, and cloud properties.
a) Outgoing longwave radiation under all-sky, Lout,AllSky , and clear-sky, Lout,ClearSky conditions, along with surface emitted longwave, σT 4

s . (b) Outgoing shortwave
adiation budgets, Sout,AllSky and Sout,ClearSky , and incident solar radiation, Sin . (c) Emissivity under all-, clear- and cloudy-sky conditions, εAllSky , εClearSky and εCloudySky . (d)
lbedo under all-, clear- and cloudy-sky conditions, αAllSky , αClearSky and αCloudySky . (e) The cloud amount fraction, fCA . (f) The cloud-incident fraction for solar radiation,

CI and cloud amount fraction, fCA . (g) The ratio of absorptivity of emitted longwave radiation under cloudy-sky conditions relative to clear-sky conditions, cε . (h)
he calculated albedo of cloud, αCloud .
b
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i
s

ε

ow each are calculated within the EBM using selected observa-
ional constraints. Many previous Energy Balance Models choose
imple closures for outgoing radiation as a function of surface
emperature (e.g. [7–9,11]). Here, we consider separate long-
ave and shortwave balances, and use observations to motivate

unctional form closures that explicitly calculate the impact of
loudiness on both emissivity and albedo.

.2. Longwave radiation and emissivity

The annual- and zonal-mean outgoing longwave radiation at
atitude φ for sky-condition i, Lout,i (φ) in Wm−2, is given by
he emissivity of the atmosphere at sky condition i and latitude
, εi (φ), multiplied by the longwave radiation emitted by the
urface at φ,

out,i (φ) = εi (φ) σT 4
S (φ) (9)

here sky-condition i represents either all-sky, clear-sky or clo-
dy-sky conditions, the Stefan–Boltzmann constant σ = 5.67 ×

08 Wm−2K−4 and T is the surface temperature in K, with σT 4

S S

4

eing the expected emitted longwave radiation at the surface for
black-body.
The climatological annual- and zonal-mean emissivity at lat-

tude φ and under sky-condition i, εi (φ), where i signifies clear
ky and all sky conditions are then formally defined as,

i (φ) =

∫ t+n∆t

t

Lout,i
(
φ, t ′

)
σT 4

S (φ, t ′)
dt ′/

∫ t+n∆t

t
dt ′ (10)

where n∆t is an integer number of years and TS is raised to the
4th power before zonal and temporal averaging.

This relation, Eq. (10), is used to evaluate εAllSky
(φ) and εClearSky (φ) (Fig. 2c, black and orange). The next step is
to evaluate cloudy sky emissivity, εCloudySky(φ), which is defined
as the emissivity at latitude φ when latitudinal cloud amount
fraction fCA (φ) = 1. A model closure is adopted where the
all-sky emissivity at latitude φ, εAllSky (φ), is assumed to be a
linear combination of the clear-sky emissivity, εClearSky (φ), and
the emissivity of cloudy-sky, εCloudySky(φ),

ε φ = [1 − f (φ)] ε φ + f φ ε (φ) (11)
AllSky ( ) CA ClearSky ( ) CA ( ) CloudySky
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Fig. 3. Variation in annual- and zonal-mean clear-sky outgoing longwave radiation (a) and emissivity (b) with surface temperature. Observations (black dots) are
alculated from CERES climatological satellite data for clear sky conditions [15], the CRUTEM absolute temperature reconstruction [14] and, for panel (b), calculations
f daily average solar irradiance with latitude. Grey indicates (a) the initial spin up solution of the EBM (grey dots) and (b) a linear fitted approximation applied to
he EBMs (grey line).
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This expression, (11), is first used with climatological observa-
ions of cloud amount [16], averaged here to form the annual- and
onal-mean fCA(φ) (Fig. 2e), to evaluate the annual- and zonal-
ean emissivity of cloudy sky at latitude φ, εCloudySky(φ) (Fig. 2c,
lue). Note that interpreting εCloudySky(φ) from (11) encapsulates
he impact of clouds on emissivity during both fully clouded and
artially clouded states, 0 < fCA (φ) ≤ 1.
A standard approach in conceptual EBMs is to vary outgoing

ongwave radiation as a linear function of surface temperature,
out (φ) = ATS (φ) + B (e.g. [7–9,11,12]); a relationship sup-
orted by observational and theoretical arguments ([18]; see
ig. 3a, black) indicating a sensitivity in clear sky conditions of
Lout,ClearSky/δT ≈ 2 Wm−2K−1. Here, we seek an alternative
pproximation that uses surface temperature to calculate clear
ky emissivity, instead of outgoing longwave radiation, so that
q. (11) can then be utilised to explicitly calculate the impact of
louds.
Using Eq. (10), climatological reconstructions of Lout (φ) under

ll-sky and clear-sky conditions (Fig. 2a, black and orange) and
limatological reconstruction of annual- and zonal-mean T 4

S (φ)
(Fig. 2a, red), the emissivity with latitude is found under all-sky
and clear-sky conditions, εAllSky (φ) and εClearSky (φ) respectively
Fig. 2c). εClearSky (φ) is found to be well approximated by a linear
elationship to surface temperature (Fig. 3),

ClearSky (φ) = ATS (φ) + B (12)

The conceptual EBM applies this linear relationship to cal-
ulate εClearSky (φ) using A = −3.9782 × 10−3 K−1 and B =

1.8359 (with a maximum allowed value of εClearSky = 0.96 and
a minimum value of 0.40), and then also calculates the impact
of cloudiness to result in all-sky emissivity. Note that apply-
ing (12) to the EBM here does produce a near-linear simulated
relationship between outgoing longwave radiation and surface
temperature for clear sky conditions (Fig. 3a, grey), with a gradi-
ent (2.16 Wm−2K−1) consistent with observations (Fig. 3a, black)
5

and previous analyses (e.g. 2.22 Wm−2K−1 in [18]). Therefore,
approximation (12) is consistent with previous EBMs adopting
a linear relationship between outgoing longwave and surface
temperature, with the benefit that the impact of clouds can be
addressed via emissivity.

By comparing the clear-sky emissivity to the cloudy-sky emis-
sivity (Fig. 2c), now consider how clouds affect the annual- and
zonal-mean emissivity with latitude (Fig. 2c, blue and orange). A
cloudy sky, where local cloud amount fCA (φ) = 1, acts to decrease
the emissivity relative to clear-sky conditions, but by an amount
that varies with latitude (Fig. 2c, varying distance between blue
and orange lines). However, if we consider 1 − ε for the emitted
longwave, then we can express the fraction by which cloudy skies
decrease emissivity relative to clear skies with latitude, cε (φ), as,

ε (φ) =
1 − εCloudySky (φ)

1 − εClearSky (φ)
(13)

Formally, cε(φ) is the annual mean fractional increase in ‘one
minus the emissivity of emitted surface longwave by the atmo-
sphere per unit cloud amount’ due to the presence of cloud at
latitude φ. The resulting values of cε(φ), (13), in the real climate
system are near-uniform with latitude (Fig. 2 g): the distribution
of values of cε at 5◦ latitude intervals (Fig. 2e) has mean and
standard deviation cε (φ) = 1.38 ± 0.10 (where 1.38 is the
area-weighted mean and 0.10 is the standard deviation), with
the small variation with latitude illustrating the consistent effect
of clouds on longwave atmospheric absorptivity per unit cloud
amount for climate states ranging from polar to tropical.

This near-uniform value of cε with latitude reveals information
about the nature of the impact of clouds on emissivity of emitted
longwave radiation (Fig. 2 g): clouds act to increase 1 minus
the emissivity of a clear-sky atmosphere by a set fraction per
unit cloud amount across a range of conditions, from tropical
(clear sky emissivity ε φ ∼ 0.6, surface temperature T ∼
ClearSky ( ) s
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00 K) to polar (clear sky emissivity εClearSky (φ) ∼ 0.9, surface
emperature Ts ∼ 230 K). At all latitudes the all-sky value of
− εAllSky, is increased by 0.38 ± 0.10 per unit cloud amount

elative to the clear sky 1 − εClearSky,

− εAllSky(φ) =
[
1 − εClearSky(φ)

]
[1 + (cε(φ) − 1)fCA(φ)] (14)

The conceptual EBM uses a uniform value of cε = 1.38, and
he imposed cloud amount with latitude, fCA(φ) [16] (Fig. 2e),
o calculate all-sky emissivity εAllSky(φ), from clear-sky emissivity
ClearSky(φ) and cloud amount.

.3. Shortwave radiation and albedo

The total climatological annual- and zonal-mean outgoing
hortwave radiation at latitude φ and under sky-condition i,
out,i (φ) in Wm−2, is given by the annual mean incoming solar
adiation at φ, Rin (φ), multiplied by the albedo, αi (φ),

out,i (φ) = Rin (φ) αi (φ) (15)

The climatological annual- and zonal-mean albedo at latitude
and under sky-condition i, αi (φ), is then formally defined as,

i (φ) =

∫ t+n∆t

t

Sout,i
(
φ, t ′

)
Rin (φ, t ′)

dt ′/
∫ t+n∆t

t
dt ′ (16)

Here, Rin
(
φ, t ′

)
is calculated from daily-mean values using

the expressions and coefficients found in Hartmann [19]. From
Eq. (16) and observational climatological reconstructions of
Sout,AllSky(φ) and Sout,ClearSky(φ) (Fig. 2b), the annual- and zonal-
ean albedo with latitude are estimated for clear sky and all-sky
onditions, αClearSky (φ) and αAllSky (φ) (Fig. 2d).
The conceptual EBM assumes all-sky albedo to be linearly

omposed of cloudy-sky albedo, αCloudySky(φ), multiplied by the
raction of incident solar radiation incident on clouds, fCI (φ), and
he clear-sky albedo, αClearSky (φ), multiplied by the fraction of
olar irradiance not incident on clouds, [1 − fCI (φ)], via,

αAllSky (φ) = [1 − fCI (φ)]αClearSky (φ) + fCI (φ) αCloudySky(φ) (17)

The annual- and zonal-mean fraction of solar irradiance inci-
ent on clouds, fCI (φ), is subtly different from the fraction of cloud

amount, fCA(φ) (Fig. 2f, compare black to grey lines), because
climatological mean cloud amount varies seasonally (e.g. [16])
and so too does incident solar irradiance, Rin(φ). Here, fCI (φ)
(Fig. 2f, black line) is calculated from monthly-mean values of
the product of fCA(φ,m) and Sin(φ,m), and then taking the annual
ime-average,

CI (φ) =

∑
fCA (φ,m) Rin (φ,m) ∆tm∑

Rin (φ,m) ∆tm
(18)

where fCA (φ,m) and Rin (φ,m) represent monthly mean values
during month m, ∆tm is the mean duration of a month (such
that all months are assumed to contribute equally to the annual
mean), and the summation occurs over all 12 months.

2.3.1. Estimating the albedo of clouds
The conceptual EBM needs to calculate the albedo of cloudy-

sky and all-sky conditions from terms representing the cloudi-
ness, fCI (φ), the albedo of cloud itself, αCloud (φ), and the albedo
of clear-skies, αClearSky (φ). First, we consider how the albedo of
cloud varies with latitude for the real climate system, and then
this is used to inform a function form for the conceptual EBM. To
perform this separation of αCloud (φ) and αClearSky (φ), we assume
that clouds themselves are not a significant source of atmospheric
absorption of solar shortwave radiation. Out of ∼340 Wm−2 of
incoming solar radiation, approximately 80 Wm−2 is absorbed in
the atmosphere [20]. We assume the majority of this shortwave
6

atmospheric absorption is not due to the presence of clouds, but
other agents such as aerosols, ozone and/or water vapour. This
assumption allows us to write the outgoing solar radiation for a
cloudy sky, Sout,CloudySky (φ) = Rin (φ) αCloudySky (φ), in terms of:

(i) the radiation directly reflected by the cloud, Rin (φ) αCloud (φ);
and

(ii) the radiation that passes through the cloud on the way
down, Rin (φ) [1 − αCloud (φ)], is reflected off the surface (reduc-
ing by factor αClearSky (φ)), and then passed through the cloud
again on the way up (reducing by further factor 1 − αCloud (φ)),
resulting in additional outgoing radiation above the cloud of
Rin (φ) αClearSky (φ) [1 − αCloud (φ)]2.

Adding the outgoing radiation from direct cloud reflection,
Rin (φ) αCloud (φ), to the outgoing radiation reflection from the
surface having passed through the cloud in the way down and up,
Rin (φ) αClearSky (φ) [1 − αCloud (φ)]2, gives total outgoing reflected
shortwave above a cloudy sky,

Sout,CloudySky (φ) = Rin (φ) αCloudySky (φ)

= Rin (φ) αCloud (φ) + Rin (φ) αClearSky (φ) [1 − αCloud (φ)]2 (19)

where αCloud (φ) is the albedo of cloud at latitude φ. The albedo
for cloudy-sky conditions is then related to the albedo of cloud
and the albedo of clear-sky conditions via,

αCloudySky (φ) = αCloud (φ) + αClearSky (φ) [1 − αCloud (φ)]2 (20)

This relation will be accurate, provided that the presence of
the cloud is not significantly increasing local atmospheric ab-
sorption of shortwave radiation. Applying (20), along with the
observation-derived estimates of αClearSky (φ), αCloudySky (φ) and
fCI (φ) for recent climatology (Fig. 2h, black), we estimate that
the albedo of clouds for the real climate system ranges from
αCloud = 0.23 at low latitudes up to 0.51 at high northern lati-
tudes and 0.62 at high southern latitudes. The increasing αCloud at
high latitudes is expected since the reflectance of solar radiation
by clouds increases with the zenith angle of incident radiation
(e.g. [21]). The global area-weighted mean of the observational
implied estimate of cloud albedo, αCloud (φ) (Fig. 2h, black), is
αCloud (φ) = 0.32, using Eq. (20).

This αCloud reconstruction presented here (Fig. 2h, black) rep-
resents a model interpreted, Eqs. ((17), (18), (20)), estimate of
cloud albedo with latitude from satellite-based observations of
outgoing radiation [15] and cloud amount [16], and calculations
of incident solar radiation.

2.3.2. Conceptual closure for albedo varying with latitude, tempera-
ture and cloudiness

The conceptual EBM must now assume a function form de-
scribing how surface clear-sky albedo alters with latitude and
temperature, and then how cloudiness affects all-sky albedo.
First, we define αj as the mean planetary albedo for some surface
type j. Many previous Energy Balance Models have used a 2nd
order Legendre polynomial in sinφ as the functional form to
describe the change in albedo (or 1 – albedo, which is termed
the coalbedo) over latitude for a uniform surface, or to approx-
imate the entire Planetary surface with varying surface types
(e.g. [9]). Legendre polynomials are particularly useful for gener-
ating straightforward solutions to EBMs using polynomial expan-
sion. While this approach to generating solutions is not applied
here, the Legendre polynomial form for albedo with latitude is
retained to facilitate ease of comparison with previous stud-
ies. Some EBMs combine Legendre polynomials for some surface
types with uniform albedo (or other functional forms) over lati-
tude for other surface types (e.g. [8,22]), or have a single Legendre
polynomial for the entire Earth surface including clouds (e.g. [8,
9,12]).
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Fig. 4. Functional forms adopted for variation in albedo with temperature and latitude. (a) The global mean surface (clear-sky) global-mean albedo, α, when keeping
he entire Earth’s surface at some uniform temperature. (b) Functional form adopted for annual- and zonal-mean albedo with latitude for surfaces with different
lanetary albedo, ranging from 0 to 1 (dotted lines), and an estimate of cloud albedo interpreted from observations (grey solid line).
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These approaches require a decision for each surface type as to
hether to make the albedo latitudinally varying, via a Legendre
olynomial, or constant with latitude. If latitudinally varying is
hosen, then two coefficients must be specified: the first coeffi-
ient describing the mean planetary albedo for that surface-type,
nd the second coefficient describing how much the Planetary
lbedo changes with latitude. The EBM of Graves et al. [23] uses
ata to constrain a total of 36 coefficients (3 coefficients for each
onth of the year) applied to first and second order Legendre
olynomials to calculate albedo with latitude and season, plus
n additional coefficient to calculate the discontinuous albedo
ffset for when snow or ice is present. The EBM of Bitz and
oe [22] adopts an approach requiring specifying two coefficients
or cryosphere-free albedo with latitude, a further coefficient for
lbedo of snow-covered land and a further two coefficients for
lbedo of sea-ice.
Here, we seek to reduce the number of choices and degrees

f freedom by simply stating a single coefficient value for any
iven surface type that changes with surface temperature: α (TS)

being the global mean clear sky surface albedo for a planet where
the entire planetary temperature is fixed at T . α T adopts a
S ( S) 0

7

cubic form in TS for T1 ≤ TS ≤ T2 with turning points at (T2, α2)

nd (T1, α1). The values of α (TS) are held constant at the turning
point values for all temperatures outside the range: α = α1 for
S < T1, and α = α2 for TS > T2 (Fig. 4a). T2 is interpreted as

the zonal- and annual-mean temperature above which there is
no cryosphere and below which seasonal snow and ice on the
ground begins to affect annual mean clear-sky albedo, and T1 as
the temperature below which the cryosphere entirely dominates
the clear-sky albedo across all seasons.

The local clear-sky albedo at latitude φ and surface temper-
ature TS is then calculated within the EBM using the functional
form,

α (φ, TS) = α (TS)
[
1 + [1 − α (TS)]

[
1
2

[
3 sin2 φ − 1

]]]
(21)

here 0 ≤ α (TS) ≤ 1 for all TS . The properties that make this
closure (Eq. (21)) an attractive formulation include:

(1) If a surface-type is perfectly absorbing then it will remain
perfectly absorbing for any latitude (Fig. 4b: when α = 0, α (φ) =

for all φ), and if a surface-type is perfectly reflecting then it will
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Table 1
Tuneable parameter values used in the conceptual Energy Balance Models.
Conceptual EBM tuneable parameters Value used

T1: the temperature below which the Earth’s surface
albedo is dominated by the cryosphere

243.15 K

T2: the temperature above which the Earth’s surface
albedo is unaffected by the cryosphere

268.15 K

α1: the clear-sky planetary albedo of the Earth surface
when albedo is dominated by the cryosphere

0.45

α2: the clear-sky planetary albedo of the Earth’s surface
when unaffected by the cryosphere

0.17

αCloud: the planetary albedo of cloud, with cloud amount
= 1 (assuming the surface below cloud level is perfectly
absorbing)

0.32

Hrel: the relative humidity of the atmospherea 0.70

aOnly applied in the EBM variants with a moist atmosphere.

remain perfectly reflecting at any latitude (Fig. 4b: when α = 1,
α (φ) = 1 for all φ);

(2) The local albedo will never be below 0 or above 1 at any
latitude φ and for any value of α: 0 ≤ α (φ, TS) ≤ 1 for all φ
nd TS when 0 ≤ α (TS) ≤ 1 for all TS (Fig. 4b);

3) The clear-sky albedo, α (φ, TS), is continuous and differen-
iable in both T and φ at all latitudes and all temperatures
(Fig. 4a, b). While analytical solutions are not attempted here,
this quality makes this approach (Eq. (21)) suitable for future
analytical exploration;

(4) Surface albedo at any latitude and temperature is expressed
with just 4 numerical parameters: T1, T2, α1, α2;

5) The functional form accounts for differences in surface area
ith latitude such that the leading coefficient, α (TS), is always
he area-weighted global mean clear-sky albedo.

The estimate presented here of cloud albedo in the real climate
ystem with latitude is in good agreement with the functional
orm adopted for albedo with latitude for a given surface (Eq. (21),
ith αCloud used in place of α (TS): Fig. 2h and Fig. 4b, compare
olid to dashed lines), where area-weighted global mean cloud
lbedo is found to be αCloud ≈ 0.32;

αCloud (φ) = αCloud

[
1 + [1 − αCloud]

[
1
2

[
3 sin2 φ − 1

]]]
(22)

Note that this estimate of cloud albedo can be interpreted as
he albedo of a cloudy sky in the limit where all solar radiation
assing through the cloud were perfectly absorbed below the
loud. The conceptual EBM calculates all-sky albedo as a function
f temperature, TS , latitude, φ, and cloud-incident solar radia-
ion fraction, fCI , using Eqs. (17), and ((20)–(22)) with values of
1, T2, α1, α2 and αCloud given in Table 1.

.4. Horizontal energy budget

The conceptual EBM used here adopts a diffusive model for
orizontal heat transport, in common with many other EBMs
e.g. [8,9,11,12]). Here, we use the horizontal gradient in dry-bulb
emperature, TS , to diffuse heat horizontally via some effective
iffusivity, κeff (φ) in W K−1 m−1,

f (φ) = −κeff (φ)
∂TS
∂y

(φ) (23)

here f (φ) is the northward heat transport across the line of
atitude φ per unit length of the line of latitude in W m−1, and y
s northward displacement in m. An observational implied value
f f (φ) is acquired from calculations of the incident solar radia-
ion with latitude and observational reconstructions of outgoing
8

TOA energy (Fig. 5a, black), using an integral relation for total
northward energy flux across a line of latitude [24],

Fnorth (φ) = 2πr2Earth

∫ φ

φ′=−
π
2

(Rin − Rout) cosφ′dφ′ (24)

where Fnorth (φ) in W is the total planetary heat northward flux
across the line of latitude at φ (Fig. 5d, black) such that f (φ) =

Fnorth (φ) /(2πrEarth cosφ); and the global mean area-weighted
value of Rin is tuned so that it matches the corresponding ob-
served value of Rout . This observation-implied value for f (φ) is
combined with the observational reconstruction of TS(φ), (Fig. 6c),
o back-calculate an estimate for the effective diffusivity κeff (φ)

or the real climate system (Fig. 5a, black dots). This effective
iffusivity is applied to the conceptual EBM for preindustrial
onditions. Note that at low latitudes the effective diffusivity
annot be calculated from observations, since heat is being trans-
orted up the dry-bulb temperature gradient. In these regions,
he EBM diffusivity is prescribed using the value implied from
bservations closest to the equator (Fig. 5a, grey line and black
ots). The effective diffusivity κeff varies over latitude for many
easons that are beyond the scope of this paper and are not solved
or inside the conceptual EBM. Note that the latitudinal variation
n κeff applied here (Fig. 5a, black dots) is empirically determined.
revious studies have adopted non-uniform diffusivity via alter-
ative methods, for example via linear or non-linear functional
orms (e.g. [25,26]), while the original Budyko [7] EBM applied a
inear relaxation to the global mean temperature.

.5. Simulating preindustrial steady state in the conceptual EBM

The EBM is numerically configured with i = 36 discrete
orizontal locations (Fig. 7) giving a resolution of 5◦ latitude
spaced from −87.5◦ to +87.5◦). Fields for κeff (φ), fCA (φ), fCI (φ)

nd Rin (φ) are imposed and the initial temperature is set to
S (φ) = 273.15 K at all latitudes. A uniform value of heat
apacity per unit surface area is defined (c = 4.2 × 108 J K−1

−2, corresponding to a 150 m deep surface ocean mixed layer
overing 70% of the Earth’s surface) and the model is run to an
nitial steady state, broadly intended to simulate the preindustrial
limate. At steady state, the net energy increase from vertical
adiation balance and horizontal energy flux is 0 at all latitudes
uch that Eq. (6) becomes,

= Rin (φ) − Rout (φ) −
∂ f
∂y

(φ) (25)

From the observation-implied fields for horizontal diffusivity,
κeff (φ) (Fig. 5a), and cloudiness, fCA (φ), fCI (φ) (Fig. 2e,f), and
calculated incident radiation, Rin(φ), the EBM applies equations
((5),(6), (8)–(24)) to simulate annual- and zonal-mean vertical
energy balance, heat transport and surface temperatures (Fig. 6,
grey).

The simulated variables in the conceptual EBM compare well
to the real climate system in terms of the variation with latitude
of the simulated variables: TOA energy imbalance (Fig. 6a), TOA
outgoing longwave and shortwave energy fluxes (Fig. 6b), steady
state temperatures (Fig. 6c), poleward energy transport (Fig. 6d),
all sky albedo (Fig. 6e), and all sky emissivity (Fig. 6f). There are
clearly many functional form of equations one could specify that
would not simulate values of TS (φ), Lout (φ), Sout (φ), FNorth (φ),
αAllSky (φ) and εAllSky(φ) that approximate real-world values, even
when forced with accurate values for κeff (φ), fCA (φ), fCI (φ) and
Rin(φ). Therefore, the similarity of simulated quantities to obser-
vations (Fig. 6) provides confidence in the EBM approach (Fig. 7)
and functional form of the equations presented here, Eqs. ((5),
(6), (8)–(24)). The near-linear relationship between outgoing
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n

Fig. 5. (a) Effective horizontal diffusivity with latitude, (b) Surface warming with latitude, (c) Amplification in surface warming with latitude, relative to the equator,
(d) Climate feedback with latitude, calculated via ∆Rout/∆T where ∆ indicates the change from the initial model spin up to the final model state. (e) Simulated
orthward horizontal heat transport per East–West metre with latitude, f (φ). (f) Simulated outgoing radiation minus imposed radiative forcing with latitude. All

panels show the dry atmosphere EBM simulation (grey), moist atmosphere EBM simulation (red) and moist atmosphere EBM plus deep ocean, transient after 20 years
(blue dotted line). Panels (a) and (b) show observations (black). Panels (e) and (f) show the initial EBM spin up (black dot-dashed lines).
.

a

longwave radiation and surface temperature in the preindustrial
steady state simulations (Fig. 3a, grey) are both a good match
to observations (Fig. 3a, black; [18]) and show that the concep-
tual EBM is consistent with previous EBMs that enforce a linear
parameterisation (e.g. [7,8], [9,11], [12])

Section 3, 4 and 5 now test how alternative versions of the
EBM (Fig. 7; Fig. 6, grey) respond to a perturbation in terms of
surface warming with latitude. While the equations above are
general, there must be further approximations in terms of how
we calculate the applied fields, κeff (φ), fCA (φ) and fCI (φ), when
the system is perturbed, given that we only have observational re-
constructions for past values. First, all following sections consider
a constant cloud approximation, and so the fields for fCA (φ) and
fCI (φ) remain unchanged. There may be explanations for Arctic
Amplification and reduced warming at Southern high latitudes
that require latitudinally varying cloud responses to warming;
these explanations will not be explored in this study. In the first
EBM variant, Section 3 applies a constant effective diffusivity
approximation, keeping κeff (φ) unchanged with future warming.
Meanwhile, a second EBM variant is considered in Section 4,
where κeff (φ) may alter due to thermodynamic responses in the
EBM as surface temperatures warm with a moist atmosphere.
Section 5 presents a third EBM variant that includes the deep
ocean to explore how heat exchange between the surface cli-
mate layer and the deep ocean may affect surface warming with
latitude.
9

3. Simulated warming response with a dry-atmosphere ap-
proximation

Here an idealised latitudinally-uniform radiative forcing, Eq. (8)
of δF (φ) = 3.71 Wm−2 is imposed on the initial steady state EBM
(Fig. 6, grey), and the model is run to a final steady state such that
energy budget is re-balanced at all latitudes. This magnitude in
idealised radiative forcing is chosen to represent an instantaneous
doubling of atmospheric CO2, although note that the radiative
forcing from increased CO2 is not truly uniform with latitude and
there are other historical sources of radiative forcing (e.g. [5,27]).
Any radiative forcing (e.g. reducing the outgoing radiation from
an increase in greenhouse gas concentrations) must be eventually
re-balanced by some combination of the change in outgoing ra-
diation from the surface temperature response, δ Rout,AllSky

⏐⏐
δT (φ),

nd the latitudinal change in net horizontal heat flux, δ
[

∂ f
∂y

]
(φ),

Eq. (8).
The first conceptual EBM is produced by perturbing the initial

steady state with a radiative forcing while holding κeff (φ), fCA (φ)

and fCI (φ) constant in time (Fig. 5a; Fig. 2e,f). The local heat flux
supplied by horizontal heat transport per unit area at latitude
φ, ∂ f

∂y (φ) in Wm−2, is then given by the partial derivative of f ,
Eq. (22), with northward distance. With the effective diffusivity
unaffected by local temperature in this EBM variant, then the
horizontal heat flux simplifies to,

∂ f
(φ) = −κeff (φ)

∂2T
(φ) (26)
∂y ∂y2
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Fig. 6. Comparison of EBM initial spin up (grey lines) to observations (black lines) for annual- and zonal-mean quantities with latitude. (a) The net top-of-the-
atmosphere (TOA) energy imbalance. (b) Outgoing TOA longwave (solid lines) and shortwave (dotted lines) radiation. (c) Surface temperature. (d) Total northward
planetary heat transport, FNorth (φ) = f (φ) rEarth cosφ. (e) All-sky albedo. (f) All-sky emissivity. The observation-implied global mean T = 287.1 K (1961–1990), while
the EBM initial spin up global mean T = 288.1 K (preindustrial spin up).

Fig. 7. Schematic of the conceptual Energy Balance Model used for finding the steady state latitudinal temperatures including a top-of-the-atmosphere radiation
budget of incoming solar radiation and outgoing solar and longwave radiation, together with the effect of meridional heat transport.

10
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This approximation, Eq. (26), is used here as implying a dry
atmosphere, since with moisture then a significant component of
the horizontal heat transport, f , will be due to latent heat and
the fraction due to latent heat will vary with temperature causing
κeff (φ) to also vary with temperature.

With κeff (φ) held constant in time (Fig. 5a, grey line and
black dots), the global mean area-weighted surface temperature
increases by 3.04 K relative to the initial steady state (Fig. 5c,
grey line), in agreement with the latest best estimates for the
warming following a doubling of atmospheric CO2 for the real
climate system of 3.0 K [1]. However, the pattern of warming
in the conceptual EBM shows very little Polar Amplification in
either hemisphere (Fig. 5b,c, grey lines), at odds with the Arctic
Amplification observed in the real climate system (Fig. 5b, black
line).

The effective climate feedback with latitude in this first EBM
variant is calculated by dividing the change in outgoing radiation
at TOA due to rising surface temperatures by the change in
surface temperature, ∆Rout,AllSky

∆TS
(φ), from the initial steady state

o the final warmed steady state in the EBM. Radiative climate
eedbacks do show significant variation from low latitudes to the
oles (Fig. 5c, grey). The very low magnitude climate feedback
egions at high latitudes in both hemispheres indicate where
urface albedo is changing due to surface warming in the EBM.
A lower value for local climate feedback, ∆Rout,AllSky

∆T (φ), could
imply a large local temperature change is required to re-balance
a radiative forcing. However, even though local climate feedback
goes toward 0 near the poles the local temperature change does
not see a great amplification in this EBM variant. At high latitudes,
this implies that the change in divergence in horizontal heat
transport is balancing the radiative forcing, rather than an in-
crease in local outgoing radiation. Therefore, this first EBM variant
demonstrates that even very large localised vertical radiative
feedback at high latitudes (e.g. from surface albedo feedback:
Fig. 5d, grey) is not enough to produce the significant observed
Arctic Amplification (Fig. 5b,c, compare grey to black) if effec-
tive horizontal diffusivity (of heat via the dry-bulb temperature
gradient) is held constant (Fig. 5a, black and grey).

Dry atmosphere EBMs rely on latitudinal differences in ei-
ther radiative forcing or radiative feedbacks to achieve Arctic
Amplification [9]. While some dry atmosphere EBMs with dif-
ferent parameterisations display larger Arctic Amplification than
the empirically constrained model used here (e.g. [28]), moist
static EBMs do display larger Arctic Amplification than similar dry
atmosphere EBMs (e.g. [9,28]). The next section presents a second
EBM variant, where effective diffusivity varies with local surface
temperature due to atmospheric moisture.

4. Simulated warming response with a moist atmosphere ap-
proximation

In the EBM version considered above, horizontal effective dif-
fusivity is unaffected by surface temperature change such that f
in Eq. (23) is differentiated to give ∂ f

∂y via Eq. (26). However, if the
ffective diffusivity is dependent on local surface temperature,
hen we must consider how the latitudinal change in diffusivity
ith temperature affects ∂ f

∂y , such that Eq. (23) is differentiated to
ive,

∂ f
∂y

(φ) = −
∂

∂y

[
κeff (φ)

∂TS
∂y

(φ)
]

(27)

To model the diffusivity-temperature dependence, κeff =

eff (φ, T ), in the second EBM variant presented in this section, we
ake inspiration from recent moist-static EBMs (e.g. [9]). Merlis
nd Henry [9] found that an EBM that diffused moist static energy
including both dry static energy and latent energy storage) does
11
reproduce a larger magnitude of Polar Amplification, consistent
with observations and more complex models [9]. Thus, we con-
sider here how κeff (φ) changes according to the change in the
ratio of dry static energy transport to latent energy transport as
a parcel of air is warmed or cooled.

4.1. Effective horizontal diffusivity and temperature in the moist
atmosphere EBM

Here, the thermodynamic processes that may alter the effec-
tive horizontal diffusivity are explored. First, consider the total
horizontal energy transport per unit latitudinal length, f (φ), in
terms of contributions from dry-static air, latent heat within air
and heat transport within the ocean,

f (φ) = fdry (φ) + flatent (φ) + focean(φ)

= −
[
κdry (φ) + κlatent (φ) + κocean (φ)

] ∂TS
∂y

(φ) (28)

The overall effective diffusivity may therefore be approxi-
ated in terms of a dry static diffusivity, and latent heat diffusiv-

ty and an ocean diffusivity, which simplifies in regions where the
tmosphere is the dominant medium through which poleward
eat transport occurs,

eff (φ) = κdry (φ)+κlatent (φ)+κocean (φ) ≈ κdry(φ)+κlatent (φ) (29)

In areas where ocean heat transport is low (from mid to high
latitudes), we may write the effective diffusivity via,

κeff (φ, TS) ≈ κdry(φ)
[
1 + rlatent : dry(TS)

]
(30)

where rlatent : dry (TS) =
κlatent
κdry

is the ratio of latent to dry heat
transport. The effective diffusivity at φ and TS is then related to
the effective diffusivity at φ and T0 via,

κeff (φ, TS) ≈ κeff (φ, T0)
[
1 + rlatent : dry (TS)
1 + rlatent : dry (T0)

]
(31)

where we may set T0 to be the preindustrial temperature at
latitude φ. This choice allows us to alter the effective diffusiv-
ity from the preindustrial effective diffusivity in the conceptual
EBM with latitude as the temperatures change from their initial
preindustrial steady state values.

The value of rlatent : dry (TS) is calculated by considering the ratio
f dry and latent energy change for a parcel of air when it changes
emperature, TS , but has relative humidity Hrel held constant,

rlatent : dry (TS) =
HrelL

1000 × cp
×

∂q∗

∂TS
(32)

here L is the latent heat of vaporisation (with L = 2.6 × 106 J
g−1 used in the EBM), cp (= 3910 J K−1 kg−1) is the specific heat
apacity of dry air, and q∗ is the specific humidity at saturation.
he specific humidity at saturation, q∗, is approximated as a
unction of TS via the Clausius-Clapeyron relation,

∗ (TS) ≈ k × exp
{

L
Rv

[
1

273
−

1
TS

]}
(33)

where k is some constant and Rv is the gas constant for water
vapour of 461 J K−1 kg−1. The value for k used in the conceptual
EBM (k = 3.111) is adapted from Hartmann [19] (see Appendix B
therein). Differentiating the specific humidity at saturation with
temperature results in,

∂q∗

∂TS
≈

kL
RvT 2 exp

[
L
Rv

{
1

273
−

1
TS

}]
(34)

By inspecting Eqs. (32) and (34) we see that the ratio of latent
to dry heat exchanged when a parcel of air changes temperature
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t constant relative humidity increases approximately exponen-
ially with temperature. Therefore, increasing surface tempera-
ures, TS > T0, will increase the effective horizontal diffusivity,
κeff (φ, TS) > κeff (φ, T0). Such an increase in κeff (φ, TS) with
increased TS may be expected to contribute to Polar Amplification
of warming via increased efficiency of poleward heat transport
(i.e. the same poleward heat transport could be achieved via a
reduced equator to pole dry-bulb temperature gradient).

4.2. The moist EBM warming response at steady state

The second EBM variant, used in this section, considers effec-
tive diffusivity as a function of both latitude and temperature,
κeff = κeff (φ, TS), Eqs. ((27)–(34)). This second EBM uses the same
initial steady state (Fig. 6, grey), which is again perturbed with a
uniform radiative forcing of 3.71 Wm−2 while holding fCA (φ) and
fCI (φ) constant in time. However, now the numerical integration
of the model calculates κeff (φ, TS) from the initial κeff (φ) field
(Fig. 5a, black) and the change in local surface temperature rel-
ative to the initial simulated temperature (Eqs. (31)–(34)). Note
that the EBM values of κeff (φ) are not varied from the initial
steady state as the model is warmed at low latitudes where the
original value of κeff (φ) is above 200 W K−1 m−1 (Fig. 5a, black
and red). This is because when κeff (φ) is very large originally,
the approximations within Eqs. ((28)–(34)) cannot be assumed.
Firstly, at low latitudes heat may be transported due to changes
in relative humidity between the humid tropics and the arid sub-
tropics, and so Hrel cannot be assumed to be constant. Secondly,
the ocean becomes more significant in poleward heat transport
at low latitudes.

Once the second EBM reaches a final steady state the rise
in global mean surface temperature in response to the imposed
radiative forcing is 3.06 K, approximately the same as the first
EBM and remaining in agreement with the recent best estimate
of 3.0 K warming for a doubling of CO2 for the real climate
system [1]. The rise in effective diffusivity from the warming ap-
pears relatively modest, and is greatest at mid-latitudes (Fig. 5a,
compare red to black and grey). However, the spatial pattern of
warming in the second EBM shows much greater Polar Amplifica-
tion than the first EBM in both hemispheres (Fig. 5b,c). The impact
of the modest rise in effective diffusivity, from a rising fraction of
latent heat transport to dry heat transport as temperatures warm,
increases polar amplification of surface warming in agreement
with the observed warming in the Arctic (Fig. 5b, compare red
to black).

Therefore, the second EBM shows that high latitude radiative
climate feedbacks (from surface albedo effect; Fig. 5d, red) when
coupled with temperature-dependent effective horizontal diffu-
sivity (from the Clausius-Clapeyron relation altering the relative
latent heat to dry heat contribution; Fig. 5a, red) can act to-
gether to give Arctic Amplification of surface warming at a similar
magnitude to observations of the recent anthropogenic warming
(Fig. 5b, red and black).

However, the simulated warming shows significant amplifi-
cation in both hemispheres, while the observed pattern shows
reduced warming at southern high latitudes (Fig. 5b, red and
black). One key difference is that the simulated warming re-
sponse refers to the change between an initial and final steady
state, whereas the current anthropogenic warming is in a tran-
sient state. The next section introduces the third EBM variant
by coupling the EBM to a deep ocean heat reservoir, and sim-
ulates transient warming with latitude including transient heat

exchange between the surface climate layer and the deep ocean.

12
5. Transient warming response with moist atmosphere EBM
plus deep ocean

The third EBM variant considered here extends the moist-
atmosphere variant (Section 4) by coupling the surface climate
layer of the EBM to a deep ocean heat reservoir (Fig. 8). This
extension is accomplished by adapting a commonly used global-
mean ocean model with a surface mixed layer and deep ocean
reservoirs that exchange heat.

5.1. Two-layer ocean, global-mean climate model

Inspiration is drawn from a classic 2-layer ocean, global-mean
climate model, with an atmosphere plus surface ocean mixed
layer heat reservoir attached to a deep ocean layer heat reser-
voir. A concise and useful mathematical description for this two-
layer climate model is found in Gregory [13], with solutions
for idealised forcing scenarios. The deep ocean is relatively very
large and so has a large heat capacity, while the surface climate
layer has a much smaller heat capacity. Revisiting equations that
describe this simple two-layer climate system we have, for a
uniform global mean surface climate layer,

cs
dTs
dt

= Rin − Rout + hs = Rin − Rout + γ
[
∆Td − ∆Ts

]
(35)

here an overbar indicates a global spatial mean value; ∆Td and
∆Ts are the changes in deep ocean temperature and surface cli-
ate temperature relative to the initial steady state respectively;

hs = γ
[
∆Td − ∆Ts

]
is the heat transport from the sub-surface

ocean upwards into the surface mixed layer of the ocean in
Wm−2; and γ is the efficiency of vertical heat transport between
the surface and deep ocean in Wm−2K−1. Note the absence of a
horizontal heat flux term in Eq. (35), since this classic approach
only considers the global mean surface temperature. The equation
for the rate of change of temperature of the deep ocean is then,

cd
dTd
dt

= hd = −hs = γ
[
∆Ts − ∆Td

]
(36)

In reality, the upwelling of water from the deep ocean into
the surface, and downwelling from the surface into the deep,
are both highly varying spatially (e.g. [19,29]). Therefore, the
efficiency of heat exchange between the surface ocean and deep
ocean, γ , must also be spatially varying and will vary spatially
differently for upwelling than for downwelling since locations
of ocean downwelling are different to the locations of ocean
upwelling.

5.2. Extending the two-layer ocean, climate model to include latitu-
dinal variations

The two-layer ocean global mean climate model (Eqs. (35)–
(36)) is now used to extend the Energy Balance Model to include
latitudinally-varying heat exchange between the surface climate
and the deep ocean (Fig. 8).

If we continue to treat the deep ocean as a uniform heat
reservoir, but consider the spatial variation in surface ocean tem-
peratures, then we are interested in the spatial variation in the
efficiency of heat exchange via upwelling of water from the
deep ocean into the surface ocean. The third EBM presented in
this section (Fig. 8) includes the heating of the surface ocean
through exchange with the deep ocean at latitude φ, hs in Wm−2,
based upon the product of the local efficiency of deep-to-surface
ocean heat exchange, γ (φ) in Wm−2K−1, and the change in global
mean deep ocean temperature minus the change in local surface
temperature,

h φ = γ (φ)
[
∆T − ∆T φ

]
(37)
s ( ) d s ( )
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Fig. 8. Schematic of the conceptual Energy Balance Model used for evaluating the transient latitudinal warming, extending the previous Energy Balance Model (Fig. 7)
by including ocean heat transfer from an active climate layer representing the atmosphere and surface ocean mixed layer to the deep ocean. Schematic has n = 10
latitudinal bands, whereas the numerical model used has n = 36 latitudinal bands.
where ∆ indicates the change relative to the initial steady state
condition (Fig. 6, grey). Note that hs(φ) is the change in vertical
heat flux through the base of the ocean surface mixed layer
relative to the initial steady state in Wm−2, and that this equation
is not seeking to calculate the total value of ocean heat exchange
at that location. At the initial steady state, all heat fluxes from
one latitude band to another latitude are encapsulated within the
tuned horizontal diffusivity values (κeff : Fig. 5a), whether they
occur through the surface climate or via the deep ocean.

The Gregory [13] version of this 2-layer climate model uses
γ = 1.6 Wm−2 K−1 as the uniform value for efficiency of heat ex-
change between the surface and deep ocean, constrained against
a complex ocean model. Meanwhile, DeVries and Primeau [29]
calculate that 62.5% of water currently in the deep ocean will first
upwell into the surface ocean between 50◦ South and 70◦ South,
due to the upwelling of a water mass known as circumpolar deep
water. Therefore, in the moist EBM with deep ocean, we set γ (φ)
such that the spatial mean γ (φ) is equal to 1.6 W m−2 K−1 and
62.5% of the global area-integrated total γ (φ) lies between 50◦ S
and 70◦ S (Fig. 9a).

The vertical heat transport from the deep ocean into the
surface ocean mixed layer must be equal and opposite to the heat
transport from the surface ocean mixed layer into the deep ocean,
but crucially this heat transport does not have to balance at all
latitudes. Therefore, the EBM calculates the vertical heat transport
into the deep ocean via,∫

hd (φ) dA = −

∫
hs (φ) dA (38)

here dA is the area element with latitude φ. The next sub-
ection considers how this global mean approach (Eqs.(35)–(38))
ay be extended to the latitudinally varying EBM.
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5.3. The moist atmosphere EBM plus vertical heat exchange with
deep ocean

In reality, there are local heat exchanges between the surface
ocean and deep ocean at steady state (e.g. [19]), which must
globally sum to zero while the mean temperatures of both the
surface and deep ocean remain constant in time. In the EBM,
these steady state vertical heat exchanges are included within
the observationally-derived values of horizontal effective diffu-
sivity, κeff (φ) (Fig. 5a, black). First, consider how the annual-
and zonal-mean energy balance at latitude φ, Eq. (6), is altered
by an upwelling of heat across the deep ocean to surface ocean
boundary. The total rate of heating of the surface climate at
latitude φ becomes,

c (φ)
∂Ts
∂t

(φ) = Rin (φ) − Rout (φ) +
∂ f
∂y

(φ) + hs(φ) (39)

while the equation describing the rate of heat content change
in the deep ocean is,

cdeep
dTdeep
dt

=

∫
hd (φ) dA
Aocean

= −

∫
hs (φ) dA
Aocean

= −

∫
γ (φ)

[
∆Tdeep − ∆T (φ)

]
dA

Aocean
(40)

In the active surface climate system (atmosphere plus surface
ocean) we therefore have substituting Eqs. (27) and (37) into (39),

c (φ)
∂Ts
∂t

(φ) = Rin (φ) − Rout (φ) −
∂

∂y

[
κeff (φ, T )

∂T
∂y

(φ)
]

+ γ (φ)
[
∆Tdeep − ∆T (φ)

]
(41)
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Fig. 9. Responses of the third EBM variant with moist atmosphere plus deep ocean heat exchange. (a) Imposed efficiency of heat exchange from deep to surface
ocean with latitude. (b) Simulated warming 20, 100, 500 and 1000 years after a uniform 3.71 Wm−2 radiative forcing is imposed. (c) Simulated heat flux from the
deep ocean to the surface ocean 20, 100, 500 and 1000 years after a uniform 3.71 Wm−2 radiative forcing is imposed.
Previous EBMs have been coupled to a representation of deep
ocean heat exchange (e.g. [30–32]). Beer et al. [30,31] vary the
exchange coefficient between the surface climate layer and deep
ocean (equivalent to γ in this study) depending only on the pres-
ence of sea-ice and do not consider other latitudinal variation, for
example due to the locations of upwelling (Fig. 9a). Hill et al. [32]
adopt a different approach, forcing an EBM with a latitudinal field
for the heat exchange (equivalent to hs in this study) obtained
from a complex climate model at various time slices. This is
equivalent to specifying hs(φ) in Eq. (39) without linking this to
the EBM simulated surface to deep temperature contrast (Eqs.
(37), (41)).

5.4. Warming responses in the EBM with moist atmosphere plus
deep ocean heat exchange

As with the previous two EBM variants (Sections 3 and 4), the
third EBM variant begins with the same initial steady state (Fig. 6,
grey), and is then perturbed with an instantaneous uniform ra-
diative forcing of 3.71 Wm−2. Unlike EBM variants 1 and 2, this
model is used to produce simulations of transient warming before
the energy budget is fully restored to an equilibrium. EBM variant
3 is run for a set number of simulated years in time after the
radiative forcing: 20, 100, 500 and 1000 simulated years (Fig. 9).
After 20 years the global-mean surface warming reaches 1.5 K
(Fig. 9b) and 49% of the initial radiative forcing has been balanced
by an increase in outgoing radiation. After 100 years the warming
reaches 1.8 K and 60% of the radiative forcing has been balanced,
14
while after 500 years warming reaches 2.6 K and 86% has been
balanced, and after 1000 years warming reaches 2.9 K and 96% of
the radiative forcing has been balanced (Fig. 9b), indicating that
the 1000-year simulation is approaching the final steady state in
response to radiative forcing.

After both 20 and 100 years there is a significant hemispheric
asymmetry in the simulated warming response (Fig. 9b), with
strongly amplified warming in the Arctic and reduced warming in
southern high latitudes, at the location of greatest upwelling effi-
ciency of heat exchange from the deep ocean to the surface ocean
(Fig. 9a,c). After 500 to 1000 years, the transient effect of reduced
warming in the southern high latitudes decreases (Fig. 9b), as
the deep ocean warms and the cooling impact of upwelling deep
water into warmed surface water weakens (Fig. 9c).

The relative amplification of warming with latitude in the
transient cases (20 or 100 years after imposed radiative forcing:
Fig. 9b) is similar in magnitude in both hemispheres to the ob-
served warming pattern over the last 100 years (Fig. 5b, compare
blue dotted line to black line). Thus, this third conceptual EBM
(Fig. 8) illustrates how both the magnitudes of Arctic amplifica-
tion and reduced warming at ∼55◦ S (Fig. 1, 5b, black) may be
produced in transient warming simulations (Fig. 5b, blue dotted
line) through the combined effects of (i) the thermodynamic
impact of a moist atmosphere on the sensitivity of effective hor-
izontal diffusivity to temperature (Fig. 5a), and (ii) the impact of
the Southern Ocean location of upwelling of water from the large
heat-capacity deep ocean into the surface climate layer (Fig. 9).
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. Discussion

This study has presented three conceptual Energy Balance
odels (EBMs) to explore possible explanations for the varia-

ion in surface warming of climate with latitude over the last
entury (Fig. 1, black); with greatest warming at high north-
rn latitudes (Arctic Amplification) and reduced warming around
0◦ S. First, observations were used to develop new closures
or longwave and shortwave radiation balances with tempera-
ure, latitude and cloudiness in the EBMs. The EBMs were then
orced with imposed cloudiness and initial horizontal diffusivity
ields and perturbed by radiative forcing to simulate the warming
esponse with latitude.

.1. Development of EBM closures

Many previous EBMs rely on relatively simple model closures
o produce analytical solutions or approximations for surface
emperature with latitude (e.g. [7,8], [9,11]). Here, instead ob-
ervational fields were used to develop new closures for how
utgoing longwave and shortwave radiation are affected by sur-
ace temperature, cloudiness and latitude. Key findings that were
tilised in the EBMs were:

i) The emissivity for outgoing longwave radiation is reduced by
factor of 1.38 for a cloudy sky relative to a clear sky, and this
eduction scales with cloud amount (Fig. 2 g; Eqs. (13), (14)),
hile clear sky emissivity shows a good linear fit to surface
emperature (Fig. 3; Eq. (21)).

ii) The zonal- and annual-mean albedo of clouds with latitude
as analysed from observational reconstructions of clear sky
lbedo, cloudy sky albedo and cloudiness (Fig. 2h, black; Eqs.
17), (22)), and found to be well approximated by a Legendre
olynomial in sine of latitude with only one free parameter: the
lanetary mean albedo for clouds (Eq. (22); Fig. 2h, compare grey
o black). This single free parameter finding is generalised in the
BM as a suitable approximation for the albedo variation in lati-
ude for any surface (Eq. (21)), and used to develop a closure for
lear sky albedo with temperature and latitude (Fig. 4; Eq. (21)).
his enables all sky albedo to be calculated in the EBM based on
urface temperature, latitude and cloudiness (Eqs. (15)–(22)).
By separating the impacts of latitude, temperature and cloudi-

ess for both longwave and shortwave radiation budgets consis-
ently with observations, the closures adopted allow the EBM to
imulate the temperature response to perturbation in a different
ay to models that use simpler functions. Confidence is given
o the application of these new closures because the simulated
lobal-mean warming following a uniform radiative forcing of
.71 Wm−2 (3.04 and 3.06 K for EBMs 1 and 2: Fig. 5c) is a

similar order of magnitude to the current estimated range for the
equilibrium climate sensitivity for the real climate system of 2.0
to 5.0 K [1], although note that the cloud amount does not vary
in the EBM but cloud variation does contribute to the climate
sensitivity in the real climate system.

6.2. Application of EBM to the causes of arctic amplification

Many possible explanations for Arctic Amplification of climate
hange have been proposed (e.g. [5,6], [33]). One possible expla-
ation for Arctic amplification of surface warming is that local
adiative feedbacks (for example reductions in surface albedo due
o melting cryosphere) reduce the magnitude of the local ‘climate
eedback’ ( ∂Rout

∂TS
(φ); Fig. 5d), and so a greater warming response

is required to re-balance an imposed radiative forcing (e.g. [5,6]).
This local radiative climate feedback effect is present in all EBM
15
variants (Fig. 5d), but does not produce significant polar ampli-
fication in the first EBM variant where the effective horizontal
diffusivity remains constant. The lack of this signal is because at
high latitudes much of the radiative forcing is re-balanced by a
change in divergence of the horizontal heat transport, rather than
a vertical outgoing radiation response (Eq. (8)). Indeed, the out-
going radiation response with latitude is similar in all radiatively
forced simulations (Fig. 5f), and these are also similar to the initial
model state.

Another possible explanation for Arctic amplification is that
changes in poleward heat transport preferentially heat the Arctic
(e.g. [5]). However, in the conceptual EBM the poleward heat
transport is only subtly altered between the initial perturbed
states (Fig. 5e), the model variants with large Arctic Amplifi-
cation do not appear significantly different in terms of pole-
ward heat transport than the model variants without large Arctic
Amplification.

The magnitude of observed high-northern latitude (Arctic)
amplification of surface warming, relative to equatorial regions,
is explained in the second and third EBM variants presented
here (Fig. 5b, compare red and blue to black) by the way the
Clausius–Clapeyron relation alters the ratio of poleward heat
transport due to dry-static heat compared to latent heat. As-
suming a constant relative humidity is retained, the fraction of
heat transported in moving air via latent heat increases with
surface warming (Eqs. (27)–(33)), while the fraction transported
via dry heat reduces with surface warming. Therefore, the very
similar heat transport is achieved with a lower equator-to-pole
dry-bulb temperature gradient when temperatures are generally
warmer, and more warming occurs at high latitudes to reduce the
latitudinal temperature gradient.

The real world warming over the last century sees both en-
hanced relative warming at Northern high latitudes and reduced
relative warming at around 60◦ South (Fig. 1, black). Neither the
latitudinal variation in ‘climate feedback’ (Fig. 5d), nor the effec-
tive diffusivity sensitivity to warming (Fig. 5a), are able to pro-
duce both these features in the conceptual EBM (Fig. 5, compare
red and grey to black). Instead, simulated warming is enhanced
in both hemispheres at high latitudes.

The active surface climate system, comprising the atmosphere
and surface ocean mixed layer, has a much smaller heat capacity
than the deep ocean, and therefore responds thermally much
faster to elevated greenhouse gas concentrations in the atmo-
sphere. The delay in the temperature response of the deep ocean
to radiative forcing then causes a non-zero global net heat flux
between the surface ocean mixed layer and the deep ocean due
to exchanges of water between the surface and deep regions. As
the system is warmed from above radiatively, the downwelling
water is warmer than the upwelling water, and so the deep ocean
is warmed by the exchange while the surface ocean is cooled.

The cooling effect of the deep ocean on the surface ocean is not
uniform with latitude, since over 60% of water in the deep ocean
makes next contact with the surface mixed layer at high Southern
latitudes in the Southern Ocean [29]. The third conceptual EBM
variant presented here illustrates how this localised upwelling of
water from the high heat capacity deep ocean effect, combined
with temperature-sensitive diffusivity, can lead to both enhanced
warming at high Northern latitudes and reduced warming over
the Southern Ocean, in line with the observed pattern (Fig. 5b,
compare blue dotted lines to black).

It should be noted that the explanations illustrated here, while
being plausible, are not unique in being able to explain the
observed warming pattern with latitude. For example, there could
be dynamical explanations that also give rise to the observed lati-
tudinal warming patterns that are not captured by the conceptual
EBMs. These dynamical explanations are beyond the scope of the
conceptual EBM presented here.
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ata availability

Model code for the three conceptual Energy Balance Models is
vailable in the Matlab programming language (https://doi.org/
0.5281/zenodo.8151916).
For absolute surface temperature record, TS in K, the CRUTEM

◦ by 5◦ absolute temperature dataset is used, giving from cli-
matological monthly mean absolute surface temperatures from
1961–1990 ([14]: https://crudata.uea.ac.uk/cru/data/temperature/
downloaded 15–03–2022). When calculating T 4

S (φ) (Fig. 2a, red)
he local temperatures are raised to the fourth power before zonal
veraging.
For the surface temperature anomaly from 1900–1920 to

000–2020 (Figs. 1, 5b) the HadCRUT5, version HadCRUT.5.0.1.0,
as used ([2]: https://www.metoffice.gov.uk/hadobs/hadcrut5/
ata/current/download.html, downloaded 31-10-2022).
For outgoing radiation budgets, the CERES EBAF Edition 4.1

atellite observational dataset is used ([15]: https://ceres.larc.
asa.gov/data/, downloaded March 14th 2022), giving climato-
ogical mean values from the period July 2005 to June 2015.
ere, zonal averages are extracted from the CERES dataset at
◦-latitude resolution, to match the resolution of the absolute
emperature record, giving annual and zonal mean outgoing ra-
iation under all sky and clear sky conditions for longwave,
out,AllSky(φ) and Lout,ClearSky(φ) respectively (Fig 2a), and short-
ave, Sout,AllSky(φ) and Sout,ClearSky(φ) (Fig. 2b).
For cloud amount fraction, fCA, the CLARA v2.1 dataset was

sed [16,34]: Copernicus Climate Change Service [34], accessed
n 10–01–2023, https://doi.org/10.24381/cds.68653055. The dat-
set is used here to calculate monthly climatological means for
he period July 2005 to June 2015. Here, a 5◦ resolution for
CA is extracted from the 0.25◦ resolution dataset to match the
esolution of the absolute temperature dataset (Fig. 2e, showing
nnual- and zonal-mean fCA).
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